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ABSTRACT 

There is intensive rolling and sliding between the meshing elements of a cycloidal reducer, whereby a significant 
amount of mechanical energy is converted into heat and absorbed by the lubricant. In order to stabilize the 
temperature of the lubricant, it is necessary to achieve thermal equilibrium, i.e. the amount of heat dissipated should 
equal the amount of heat generated. A complex task of determining the equilibrium temperature of a lubricant 
generally involves theoretical analysis, numerical calculation, computational simulations and experimental testing. 

The aim of this paper is to develop a model to predict the amount of heat dissipated from the outer surface of the 
housing as well as the equilibrium temperature of the lubricant. The model is based on the basic laws of 
thermodynamics, while the computational simulation is performed for an actual cycloidal reducer in the Matlab 
software package. The simulation results show changes in the equilibrium temperature in relation to: the coefficient 
of heat transfer from the lubricant to the inner wall of the housing, ambient air velocity, wall thickness and housing 
material.  

KEYWORDS

Cycloidal reducer, Heat generation, Heat dissipation, Thermal equilibrium, Thermal stability of lubricants

1. INTRODUCTION 

Compared to other speed reducers, cycloidal reducers cover a wide range of gear ratios, have high efficiency, compact 
construction, light weight, low noise and low vibration. Thermal stability, which plays a crucial role in maintaining the 
proper functioning and intended use of cycloidal reducers, mainly depends on the lubricant used and the housing 
design.Inside the housing, there is intensive rolling and sliding between the meshing elements, whereby a significant 
amount of mechanical energy is converted into heat and absorbed by the lubricant. An increase in the temperature 
of the outer surface of the housing and the lubricant in relation to the ambient temperature indicates excessive 
heating. In order to stabilize the temperature of the lubricant, it is necessary to achieve thermal equilibrium, i.e. the 
amount of heat dissipated should equal the amount of heat generated. 

There is currently little research on thermal behaviour of cycloidal reducers. Zah et al. [1] used an equilibrium 
equation, i.e. they equalled the amount of heat generated and the amount of heat dissipated in order to determine 
the operating temperature of the housing. Kudryavcev's model was used to predict the amount of mechanical energy 
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converted into heat [2]. Nowadays, after years of research, other models based on a larger number of contacts 
between the elements are available [3-6]. Mihailidis et al. [7-8] used thermal elastohydrodynamic lubrication theory 
to determine the contact area temperatures independently of power losses. Wei et al. [9] investigated distribution of 
the temperature field on one tooth of a cycloidal reducer, assuming that the load and the heat transfer are the same 
for all the teeth. Olejarczyk et al. [10] investigated operating temperatures of mineral and synthetic oils. A lot of 
researchers studied thermal stability of worm gears [11-13]. Xue and Xu [14] investigated the heat transfer mechanism 
of each element in a cylindrical helical gearbox. Zivkovic [15] studied planetary gearbox and established a relation 
between mechanical losses and the amount of heat dissipated to the ambient air. 

Based on the review of the literature, it can be concluded that the lubricant operating temperature has a crucial 
impact on the thermal stability of a gearbox. Optimal lubrication can be ensured only within the right range of 
operating temperature. Therefore, the aim of this paper is to define a simplified theoretical model to predict the 
operating temperature of the lubricant and the amount of heat dissipated only through the housing. 

2. ENERGY BALANCE IN THE CYCLOIDAL REDUCER 

In order to establish the thermal stability and to determine the operating temperature of the lubricant in the cycloidal 
reducer, it is necessary to define the place and the manner, i.e. the elements on which the mechanical energy is 
converted into heat and the way the heat is dissipated. 

In general, the contacts between the elements of a cycloidal reducer can be divided into load-independent and load-
dependent contacts [6,16]. Apart from the housing parts, the load-independent contacts are mainly related to the 
lubricant and the shaft sealing elements. Load-dependent contacts can be divided into the contacts: 

 in the cycloid disc bearing; 

 between the output rollers and holes in the cycloid disc; 

 between the output rollers and their pins; 

 between the ring gear rollers and the cycloid disc teeth; 

 between the ring gear rollers and their pins; 

 in the input shaft bearings; 

 in the output shaft bearings. 

The entire mechanical energy converted into heat during these contacts is absorbed by the lubricant and transferred 
by convection to all internal parts, including the inner surface of the housing. The heat is dissipated to the ambient 
air through a relatively large outer surface of the housing, through the housing foot, but also through free parts of 
the shaft, regardless of their relatively small surface areas. Table 1 shows the predominant ways of heat transfer 
between the cycloidal reducer elements. 

Table 1: The ways of heat transfer in the cycloidal reducer 

Heat transfer The predominant mode of heat transfer 
Conduction  All internal elements in contact with each other 

Convection 

All internal elements in contact → lubricant 

Lubricant → air in the gearbox 

Housing → ambient air 

Housing foot → ambient air 

Input/output shaft → ambient air 

Input/output shaft coupling  → ambient air 

Radiation 

Housing → ambient air 

Housing foot → ambient air 

Input/output shaft → ambient air 

Input/output shaft coupling  → ambient air 

 
Since a simplified model is used, when determining the equilibrium temperature of the lubricant, the heat dissipated 
through the housing foot and as well as through the input and output shaft of the cycloidal reducer is neglected. 
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3. EFFICIENCY OF THE CYCLOIDAL REDUCER 

As a result of many years of research, numerous models are available to predict the efficiency of cycloidal reducers.  
One of the most commonly used models was defined by Malhotra [3]. It is rather simple, easy to use and it gives good 
results. The total efficiency is determined based on the following expression: 

2
2

in f

in

T W
T

πη
π

⋅ −
=

⋅
 (1) 

where: inT  – input shaft torque; fW  – total work done by the friction force.   

The total work done by the friction force ( )fW  is the integral of the sum of elementary work: friction in the bearing of 

cycloid disc, rolling friction between the output rollers and the holes in the cycloid disc, rolling friction between the 
cycloid discs and the ring gear rollers, sliding friction between the output rollers and their pins, as well as sliding 
friction between the ring gear rollers and their pins. The comprehensive expression can be written in the following 
form [6]:   

( ) ( )
1 1

2 2

1 1 1
1 2

10 02

z z q
r SR s VK
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jkt
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2
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s
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z f F d

π

μ β β
=

⋅ + + ⋅ + ⋅ ⋅ 
 

  

(2) 

where: 1rf  – lever arm of the rolling friction of the cycloid disc ( )1 1 / 2r r ktf dμ= ⋅ ; 1rμ  – coefficient of rolling friction in 
the cycloid disc bearing; ( )EF β  – current value of the eccentric cam force; SRD  – mean diameter of the cycloid disc 

bearing ( )( )/ 2SR CZ CZD D d= + ; CZD  – outer diameter of the cycloid disk bearing; 2rf  – lever arm of the rolling friction 
of the output roller ( )2 2 / 2r r VKf Dμ= ⋅ ; 2rμ  – coefficient of rolling friction between the output rollers and the hole in 
the cycloid disc; ( )KjF β  – current value of the output force on the  j-th output roller; q  – current number of the output 
rollers participating in the load transfer (if the total number of output rollers ( )u   is even, then ( )/ 2q u= , if it is an 

odd number, then ( )( )1 / 2q u= − ); 3rf  –  lever arm of the rolling friction of the ring gear rollers ( )3 3 0 / 2r rf Dμ= ⋅ ; 3rμ  
– coefficient of the friction between the ring gear rollers and the cycloid disc; ( )NiF β  – current value of the normal 
force on the i-th ring gear roller; p  – current number of ring gear rollers participating in the load transfer. If the total 
number of the ring gear rollers is even, then ( )2 / 2p z= , and if it is an odd number, then ( )( )2 1 / 2p z= + . 

4. THE QUANTITY OF DISSIPATED HEAT 

Defining a mathematical model for the amount of heat dissipated through the housing wall is very complex due to 
the specific geometry of the housing. Therefore, a simplified model (Figure 1) is used with the following approx-
imations: 

 the housing is homogeneous and isotropic with flat vertical and cylindrical horizontal surfaces; 
 the inside surface of the housing is in contact only with a constant-temperature lubricant. 

 

Figure 1: Simplified housing model for thermal analysis 
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4.1 The amount of heat dissipated through the flat wall of the housing 

For the one-dimensional heat flow through the flat wall ( ) ,hfQ  which receives heat from the lubricant by convection 

on the inside and transfers heat to the ambient air by convection and radiation on the outside (Figure 2), the following 
equations can be written [17-18]:  

( ) ( ) ( ) ( ), , , , , , , , ,
w

hf lub wi f lub wi f we f wi f wo f air fcon air rad wo f wo f air
w

Q A t t A t t A t t
λα α α
δ

= ⋅ ⋅ − = ⋅ ⋅ − = + ⋅ ⋅ −  (3) 

( ) ( ) ( )
( )

, , , ,

, , , , ,1/ / 1/
lub wi f wi f wo f wo f air

hf
lub wi f w w we f air fcon air rad wo f

t t t t t t
Q

A A Aα δ λ α α
− − −

= = =
⋅ ⋅ + ⋅

 (4) 

( ) ( ) ( ), , , ,

, , ,

lub wi f wi f wo f wo f air
hf

f lub f wal f air

t t t t t t
Q

R R R

− − −
= = =  (5) 

( )
,

lub air
hf

f total

t t
Q

R

−
=  (6) 

, , , ,f total f lub f wal f airR R R R= + +  (7) 

where: lubt  – lubricant temperature; ,wi ft  – temperature of the inner flat wall of the housing; ,wo ft  – temperature of 

the outer flat wall of the housing; airt  – ambient temperature; ,wi fA  – inner surface area of the flat wall of the housing; 

,wo fA  – outer surface area of the flat wall of the housing; ,we fA  – equivalent surface area of the flat wall 

( )( ), , , / 2we f wi f wo fA A A= + ; lubα  – coefficient of heat transfer from the lubricant to the inner wall of the housing 

(according to Jelaski [19], the value of the coefficient ( lubα ) ranges from 2150 300  / ( )W m K÷ , but it is usually taken to 
be 2200  / ( )lub W m Kα =  [20]); ,air fconα  –  coefficient of convective heat transfer from the outer flat wall of the housing 
to the ambient air; ,air radα  – coefficient of heat transfer by radiation from the outer wall of the housing to the ambient 
air; wλ  – coefficient of thermal conductivity (for cast steel 50  /w W mKλ = ) [21]; wδ  – equivalent thickness of the 
vertical flat wall of the housing; ,f lubR  – thermal resistance to heat transfer from the lubricant to the inner wall; ,f walR  
– thermal resistance to heat transfer through the flat wall; ,f airR  – thermal resistance to heat transfer from the outer 
flat wall to the ambient air. 

Since heat always flows from a higher to a lower temperature area in order to equalize the temperatures, it is assumed 
that ( )lub airt t> . 

 

Figure 2: Heat dissipation through the vertical flat wall of the housing  ( tΔ  – the temperature difference between 
the lubricant and the ambient air) 

If the outer surface temperature of the housing wall ( )wot  is known, Churchill and Chu [22-23] proposed the following 

correlation equations to determine the heat transfer coefficient  ( ),air fconα : 
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where: ,u foN  – Nusselt number; ,e foR  - Reynold number; ,r foP  – Prandtl number; ,r foG  – Grashof  number.  The ambient 

air parameters include: airρ  – density; wair  – air velocity; airμ  – dynamic viscosity; airν  – kinematic viscosity; ,p airc  – 
specific heat capacity at the constant pressure; airλ  – coefficient of thermal conductivity. The rest of the quantities 
are: woH  – height of the outer flat wall; β  – coefficient of thermal expansion ( )  1/ ekvtβ = ; ekvt  – equivalent 

temperature ( )( ), / 2ekv wo f airt t t= − , g  – acceleration of gravity ( )29.81  /g m s= . 

For practical calculations, an empirical expression which gives acceptable results can also be used [24]: 

, 7 12air fcon airwα = + ⋅  (15) 

The heat transfer coefficient  ( ),air radα  can be determined based on the expression [18]: 

( ) ( )2 2
,air rad wo air wo airt t t tα ε σ= ⋅ ⋅ + ⋅ +  (16) 

where: ε  – housing emissivity coefficient which depends on the material, temperature and surface quality; σ  - 
Stefan‐Boltzmann constant ( )8 2 45.67 10   /W m Kσ −= ⋅  [18]. 

If the lubricant velocity inside the housing ( )  w  lub is known, the coefficient of heat transfer ( lubα ) from the lubricant 

to the inner wall of the housing  (for the Reynolds number in the range of 5 7
,5 10 10e fiR⋅ < < ) can be determined based 

on the expression [22]:   

0,8 1/3
, ,0.037 lub

lub e fi r fi
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R P
H
λα = ⋅ ⋅ ⋅  (17) 

4.2 The amount of heat dissipated through the cylindrical wall of the housing 

For one-dimensional heat flow through the cylindrical wall ( )hcQ , which receives heat from the lubricant by 

convection on the inside and transfers heat to the ambient air by convection and radiation on the outside (Figure 3), 
the following equations can be written [17-18]:  

( ) ( ) ( ) ( )w
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. 
(18) 
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wi c wo c wo c air

wi c lub wo wi c w wo c air ccon air rad

t t t t

R L ln R R L R Lπ α π λ π α α
− −

= = =
⋅ ⋅ ⋅ ⋅ ⋅ ⋅ ⋅ ⋅ +

 (19) 

( ) ( ) ( ), , , ,
hc

, , ,

Q lub wi c wi c wo c wo c air

c lub c wal c air

t t t t t t

R R R

− − −
= = =  (20) 

( )
hc

,

Q lub air

c total

t t

R

−
=  (21) 

, , , ,c total c lub c wal c airR R R R= + +  (22) 

where: ,wi ct  – temperature of the inner cylindrical wall of the housing; ,wo ct  – temperature of the outer cylindrical wall 

of the housing; wiR  – equivalent inner radius of the cylindrical housing wall ( )( ), /wi ekv wi i iR R l l=  ⋅  ; woR  – equivalent 

outer radius of the cylindrical housing wall ( )( ), /wo ekv wo i iR R l l=  ⋅  ; cL  – length of the cylindrical housing; ,air cconα  – 

coefficient of convective heat transfer from the outer cylindrical housing wall to the ambient air; ,c lubR  – thermal 
resistance to heat transfer from the lubricant to the inner cylindrical wall; ,c walR  – thermal resistance to heat transfer 
through the cylindrical wall; ,c airR  – thermal resistance to heat transfer from the outer cylindrical wall to the ambient 
air.  

To determine the external coefficient ( air,cconα ), Hilpert [25-26] suggested the following expression: 

, 
air,cconα

2
u co air

wo

N

R

λ⋅
=  (23) 

1
3

,  2 , ,
m

u co e co r coN C R P= ⋅ ⋅  (24) 

,

2 wo air air
e co

air

R W
R

ρ
μ
⋅ ⋅

=  (25) 

,
,

p air air
r co

air

c
P

μ
λ

⋅
=  (26) 

where: 2C , m  – constants dependent on the range of the Reynolds number, as stated in Table 2. 

Table 2: Values of constants depending on the range of the Reynolds number [25] 

,e coR  2C  m  ,e coR  2C  m  

1 04 10   4 10−⋅ ÷ ⋅  0.989 0.330 3 44 10   4 10⋅ ÷ ⋅  0.193 0.618 

0 14 10   4 10⋅ ÷ ⋅  0.911 0.385 4 54 10   4 10⋅ ÷ ⋅  0.027 0.805 

1 34 10   4 10⋅ ÷ ⋅  0.683 0.466  

 

 

Figure 3: Heat dissipation through the cylindrical wall of the housing  ( tΔ  – the temperature difference between the 
lubricant and the ambient air)  



Vol. 1 • (2022) • No. 2  Engineering Today 

 FMCE Kraljevo  13 

5. MATHEMATICAL MODEL 

After certain period of operation at constant torque, thermal equilibrium will be reached, i.e. the amount of 
mechanical energy converted into heat ( )  GQ  will equal the amount of heat dissipated ( RQ ). This can be 
mathematically written as: 

G RQ Q=  (27) 

The amount of mechanical energy converted into heat can be determined based on the expression: 

( )1G in crQ P η= ⋅ −  (28) 

where: inP  – input power, crη  – efficiency of the cycloidal reducer. 

However, for a simplified model where only heat transfer through the housing is taken into account, the amount of 
heat dissipated can be determined based on the expression:  

R hf hcQ Q Q= +  (29) 

By equating the equations (28) and (29), a thermal equilibrium equation is obtained: 

( )1in cr hf hcP Q Qη⋅ − = +  (30) 

and by substituting the equations (6) and (21) in (30), a comprehensive expression is obtained in the following form: 

( ) ( ) ( )
, , , , , ,

1 lub air lub air
in cr

f lub f wal f air c lub c wal c air

t t t t
P

R R R R R R
η

− −
⋅ − = +

+ + + +
 (31) 

After rearranging, the final expression for calculation of the lubricant equilibrium temperature is obtained, provided 
that all the heat is transferred through cylindrical and flat walls:  

( )

, , , , , ,

1
1 1

in cr
lub air

f lub f wal f air c lub c wal c air

P
t t

R R R R R R

η⋅ −
= +

+
+ + + +

 
(32) 

Under normal operating conditions, according to Castrol as one of the leading lubricant manufacturers, Optigear EP 
mineral oil provides good lubrication up to 88℃ , Optigear Synthetic X PAO based synthetic oil ensures good 
lubrication up to 100℃ , Optigear Synthetic 800 synthetic PAG based oil offers good lubrication up to 120℃ , while 
Castrol Tribol GR 100-0 PD lithium grease based on mineral oil enables good lubrication up 140℃  [27-28]. However, 
in order to maintain the proper functioning of the cycloidal reducer (lubricants, seals, dilatation of components), the 
limit temperature should not exceed 65-70℃ ,  i.e. it should not exceed the ambient temperature by more than 40℃ 
[29]. If the temperature is higher, it is necessary to install forced ventilation or increase the heat dissipation area. 

6. MODEL TESTING AND SIMULATION RESULTS 

This study was performed on a cycloidal reducer with the characteristics given in Table 3 [30]. In order to calculate the 
heat transfer coefficient ( ),air radα , the value of the temperature was assumed ( )80wot = ℃ , while the other quantities 

were calculated using the given expressions.  

Table 3: Basic characteristics of the cycloidal reducer 

Characteristics Value Characteristics Value 

Input power, ( ) imP kW  4 Coefficient of rolling friction, 1rμ  0.005 

Input speed, ( )1
 imn min−  1420 Coefficient of rolling friction, 2 3r rμ μ=  0.0045 

Reducer ratio, CRu  13 Coefficient of sliding friction, 1 2s sμ μ=  0.05 

Output torque, ( ) ouT Nm  332 Coefficient of sliding friction, 3  sμ  0.04 
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Pitch circle radius of the housing roller, ( ) r mm  86 Average air temperature, airt  ( )℃  20 

Eccentricity, ( ) e mm  4 Average air velocity, airw  ( )/m s  1.25 

Housing roller diameter, ( )0  D mm  14 Thermal conductivity of the housing, wλ  ( /W mK ) 50 

Diameter of the housing roller pin, ( )0  d mm  8 Heat transfer coefficient for lubricant, lubα  2/ ( )W m K  200 

Number of output rollers, u  8 Outer surface area of the flat walls of the housing, ,wo fA  ( )2m  0.0832 

Output roller diameter, ( ) VKD mm  14 
Outer surface area of the cylindrical walls of the housing, ,wo cA  

( )2m  
0.1048 

Diameter of the output roller pin, ( ) VKd mm  7 Inner surface area of the flat walls of the housing, ,wi fA  ( )2m  0.0741 

Diameter of the cycloid disc hole, ( ) OCZD mm  22 
Inner surface area of the cylindrical walls of the housing, ,wi cA  

( )2m  
0.0943 

Pitch circle diameter of output rollers, OizR  (

mm ) 
47.5 Equivalent thickness of the flat walls of the housing, wδ  ( )mm  11 

Inner diameter of the bearing, ( ) CZd mm  35 Equivalent radius of the outer cylindrical walls, woR  ( )mm  181 

Outer diameter of the bearing, ( ) CZD mm  40 Equivalent radius of the inner cylindrical walls, wiR  ( )mm  170 

Emissivity coefficient of the housing, ε  0.8 Length of the cylindrical housing, ( ) cL mm   150 

 
Figure 4 shows the change in the lubricant equilibrium temperature ( lubt ) in relation to the change in the load of the 

machine ( )loadT  working at a constant speed ( )1109.23 oun min−= . The simulation was performed for three different 

heat transfer coefficients ( lubα ) which varied in the range from 150 to 250 2/ ( )W m K  and which depend on the 
following lubricant parameters: density ( )lubρ , flow velocity ( )  w lub , dynamic viscosity ( )lubμ , kinematic viscosity 

( )lubν , specific heat capacity at constant pressure ( ),  p lubc  and thermal conductivity coefficient  ( )lubλ . The load  ( )loadT  
varied in the range from 25 Nm  to the nominal 332 Nm , while the overload of the electric motor was not simulated. 
A significantly higher lubricant temperature ( )lubt  was obtained because the model lacked heat transfer through the 

foot, shafts and couplings. The temperature ( )lubt  changes depending on the ratio between the amount of heat 
generated and the amount of heat dissipated. The values of the characteristic points in Figure 4 are shown in Table 4. 
With an increase in the load of the working machine ( )loadT , the impact of the value of the heat transfer coefficient  (

lubα )  on the lubricant equilibrium temperature  ( )  lubt  increases. 

 

Figure 4: Lubricant equilibrium temperatures in relation to the ratio between the amount of heat generated and the 
amount of heat dissipated for different values of the heat transfer coefficient ( lubα ) 
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Table 4: Lubricant equilibrium temperatures at characteristic points for different values of the coefficient ( lubα ) 

 ( )loadT   Nm  0 25 50 100 150 200 250 300 332 

 ( )2150 / ( )=lubα  W m K  22℃  29.3℃  38.59℃  57.22℃  75.81℃  94.44℃  113℃  131.6℃  143.5℃  

 ( )2200 / ( )=lubα  W m K  22℃  28.96℃  37.92℃  55.87℃  73.79℃  91.74℃  109.7℃  127.6℃  139.1℃  

 ( )2250 / ( )=lubα  W m K  22℃  28.76℃  37.52℃  55.06℃  72.57℃  90.12℃  107.6℃  125.1℃  136.4℃  

 
Figure 5.a shows how the temperature difference between the lubricant and the outer wall of the housing ( lub wot t− ) 
changes as a result of a change in the wall thickness ( )wδ . For this simulation, the approximation ( ) wi wo wR R δ= − was 
introduced. The load ( )loadT  had a constant value of 50  Nm , while the wall thickness varied in the range from 8 to 15 
mm . Based on this simulation it can be concluded that the change in the wall thickness ( )wδ  has no significant effect 
on the temperature difference. With an increase of 7 mm  in the wall thickness ( )wδ , the temperature difference 
increases by 0.108 ℃ . 

Figure 5.b shows the change in the lubricant equilibrium temperature ( lubt ) in relation to the change of the coefficient 
of thermal conductivity ( ) ,wλ  which depends on the type of the housing material. The use of grey cast iron EN-GJL-
200 ( 48  / )w W mKλ =  [31], cast steel GS-60 ( )50  /   w W mK aλ = nd aluminum alloy AlSi11Cu3 / ADC-12 

( )92  /w W mKλ =  [32] was analyzed. The load ( )loadT  varied in the range from 295  Nm  do 296  Nm . 

Based on this simulation, it can be concluded that aluminium alloy provides the best heat dissipation, while there is 
no significant difference between the grey cast iron and cast steel due to the extremely small surface area of the 
housing. 

a) b) 

Figure 5: (a) Dependence of the temperature difference ( )lub wot t−  on the change in the housing wall thickness; 

(b) Dependence of the lubricant equilibrium temperature ( )lubt  on the housing material  

Figure 6. shows the change in the lubricant equilibrium temperature ( lubt )  in relation to the change in the ambient 
air velocity ( )airw . In case the gearbox is located indoors, the speed of 1.25  /m s   is usually taken [33]. The operation 
of the gearbox located outdoors, where the values of the air velocity are 2   /m s  and 3 / , m s  was also analysed. The 
load  ( )loadT   varied in the range from 300  Nm  to the nominal 333  Nm . Based on this simulation, it can be concluded 
that the air velocity significantly affects the heat dissipation and the equilibrium temperature.  

 
Figure 6: Dependence of the lubricant equilibrium temperature on the ambient air velocity 
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7. CONCLUSION 

A model to predict both the amount of heat dissipated from the outer surface of the housing and the lubricant 
equilibrium temperature has been developed in this paper. The model is based on the correlation between the 
mechanical energy converted into heat and the amount of heat dissipated to the ambient air. Due to the specific 
geometry of the housing, two approximations have been introduced: that the housing is a homogeneous and 
isotropic medium with flat and cylindrical surfaces, and that the inner side of the housing is in contact only with a 
constant-temperature lubricant. 

An actual cycloidal reducer with a nominal power of 4 kW , a nominal torque on the output shaft of 332 Nm  and a 
transmission ratio of 13 was studied. Based on the testing performed, valuable conclusions have been drawn. 

When the cycloidal reducer is loaded up to the nominal 332  Nm , the equilibrium temperature ( )lubt  changes 
depending on the balance between the amount of heat generated and the heat dissipated. The value of the heat 
transfer coefficient ( lubα ) has no significant effect at lower loads, but at higher loads its impact is prominent. 

From the aspect of geometry, it can be noticed that the change in the wall thickness ( )wδ  does not have significant 

effects on the temperature difference between the lubricant and the outer wall ( )  lub wot t−  . With an increase in the 

wall thickness ( )wδ  by 7 mm, the temperature difference increases by 0.108 .℃  

Tests on different housing materials have shown that aluminium alloy (AlSi11Cu3/ADC-12) provides the fastest heat 
dissipation, while with grey cast iron (EN-GJL-200) and cast steel (GS-60) the heat dissipation is much slower. 

As for the weather conditions, the velocity of the air ( )airw  significantly affects the heat dissipation and, consequently, 

the value of the equilibrium temperature  ( )lubt . By changing the velocity from 1.25 /m s   to 3 /m s , at the same 

load, the equilibrium lubricant temperature ( )lubt   decreases by 25 .℃  

Our further studies will be devoted to expanding the model to include the impact of the housing foot, shafts and 
couplings on the heat dissipation, as well as to performing experimental verification of the developed model. 
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ABSTRACT 

Electric energy consumed by the public lighting represents a significant item in the city public sector energy con-
sumption structure, which includes public buildings, public transportation and public lighting. Public lighting system 
is one of the most important public utility activities which is under control of local governments, which pay the costs 
of electricity, as well as maintenance costs. Public lighting affects the quality of life of citizens in cities through, among 
other things, reduction of traffic accidents by up to 35%, personal safety and reduction of social approaches.  

Cities and municipalities in Serbia are predominately using sodium and mercury bulbs for public lighting, but have 
been gradually replacing them with LED bulbs in the recent years. LED technology is a satisfactory, cost-effective 
solution due to low energy consumption, long service life, reduced investment and maintenance costs. Thus, there is 
not only a reduction in energy consumption of up to 70%, but also a large reduction in CO2 emissions. The moderni-
zation of the public lighting system is, in addition to being a useful means of achieving significant energy savings, 
also a means of improving the quality of lighting itself.  

The paper shows how much it is possible to reduce electricity consumption, and thus CO2 emissions, by replacing 
existing lighting with LED lighting. There are 2530 light bulbs in the public lighting system of the municipality of 
Priboj. Until recently, mercury high pressure bulbs dominated – there were 1241 of them, compared to 743 sodium 
ones and 546 LED lamps. After the reconstruction of public lighting, all light bulbs are LED. The paper compares the 
consumption of electricity for the four months of 2019 and the same four months of 2020. It is shown that electricity 
consumption for these four months was reduced by an average of 55%, the average reduction in CO2 emissions was 
55%, while the reduction in electricity costs was an average of 58%.

KEYWORDS

Public lighting, Energy consumption, Energy saving, Reduction of CO2 emissions. 
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1. INTRODUCTION 

The possibilities for saving energy in street lighting are very significant, because changes can reduce electricity con-
sumption by more than 50% [1]. By replacing street lighting, in addition to saving energy, visual comfort and safety 
are improved [2]. One of the most common measures is the replacement of light sources with more efficient LED 
lamps, which is increasingly becoming a satisfactory and cost-effective solution due to its low energy consumption 
[3], long life, reduced investment costs [4] and maintenance costs [5], less environmental impact [6] and many other 
advantages. 

In terms of uniformity of street lighting and the comfort it provides, the results show the positive effects of LED street 
lighting on the surveyed pedestrians and vehicle drivers, as shown by a study conducted for the city of Vienna [7]. 
When comparing LED lighting and HPS lamps, the results of the analysis for the possibility of improving road lighting 
standards in Thailand [8], show that the LED lamp has a better energy saving effect than HPS lamp (reduction of 
energy efficiency index by approximately 40% compared to HPS lamp), which indicates that municipalities and cities 
benefit from the use of LED lamps. However, although the lighting quality results for LED lamps have values approx-
imately the same as those of the standard ones, the lighting quality needs to be improved in terms of uniformity. In 
an another research, within the analysis of the optimal lighting solutions characterized by the lowest installed power, 
it was shown that when considering mesopic effects the average energy savings achieved comparing LED (NW and 
WW) with HPS lighting solutions amounted to 41–62% and 29–59%, respectively, while the ratio between the total 
costs of the comparable LED (NW and WW) and HPS lighting solutions belonged to the ranges 0.59–1.26 and 0.61–
1.14, respectively. [9] It has also been observed that improvement in areas with poor lighting systems can reduce 
traffic accidents by up to 35% [10]. 

The public lighting system is an important municipal function not only because of energy consumption/savings and 
traffic safety, but also because of its great role in public health and social welfare [11]. Moreover, it is significantly 
effective in reducing crime and strengthening personal security [12], as well as in overall social well-being [13]. 

Public lighting also plays a significant role in creating smart cities. The research [14] shows that unlike conventional 
lighting control systems, that focus only on controlling the lighting levels, the introduced method provides a more 
effective control solution. The accuracy of this technique is supported by the results of system simulation and imple-
mentation. The proposed method is recommended as a novel strategy for meeting the requirements of smart grids, 
smart cities, and unregulated energy markets. 

Also, there is a connection between using two types of warm white and cool white in smart cities [15]. The proposed 
method benefits from two types of warm white and cool white LEDs and their input power control to adjust the 
luminous flux and resulting correlated color temperature of light-emitting diodes. The simulation findings confirm 
the performance of the introduced method. This technique is recommended as a novel strategy, especially to meet 
the requirements of inhabitants of smart cities. 

Public lighting connects hundreds of millions of streetlights with access to power across the globe, being responsible 
for 19% of global electricity usage, 30% - 50% of a typical city's energy bill and the already exceeding levels of CO2 
emissions [16]. Nowadays, 5.56% of the energy generated in Ecuador is destined to the public lighting service [17]. In 
Brazil, the public lighting sector is a responsibility of the municipal government and typically represents around 4% 
of the electricity consumed by cities [18]. 

In Serbia, as well as in the surrounding countries, costs for public lighting in municipal/city budgets are a significant 
item – the public lighting in the city of Rijeka, in Croatia, for example, takes about 3% of total electricity consumption 
in the city, which is a significant cost for municipal budgets [19]. 

Due to all the above, it is necessary to replace outdated street lighting with modern LED lighting. However, the im-
provement and modernization of public lighting systems in cities and municipalities is often hampered by high per-
ceived investment risks, long payback periods and a lack of capacity for local governments to implement these pro-
jects themselves. At the municipal level, these issues are particularly pronounced because the procurement, imple-
mentation and management of retrofitting may exceed existing municipal management capacities. Therefore, pub-
lic-private partnership is emerging as one of the solutions for improving the public lighting system and energy effi-
ciency in cities and municipalities [20]. 
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2. PRIBOJ MUNICIPALITY CASE STUDY 

2.1. Electric Power Consumption in Public Sector 

Electricity consumption in the public sector includes electricity consumption in public buildings and public lighting. 
The analysis of consumption in the period of four years (2016-2019) shows that the share of electricity consumption 
for public lighting was 60% higher than the share of electricity consumption in public buildings. 

During the 2016 and 2017, electricity consumption in public buildings in Priboj municipality was 1,092,579 kWh and 
1,136,660 kWh, respectively, while electricity consumption in public lighting was 1,644,541 kWh and 1,610,204 kWh, 
respectively. In 2018 and 2019, electricity consumption in the public sector in Priboj municipality was a little less. 
Public buildings electricity consumption in 2018 and 2019 was 1,099,518 kWh and 1,137,884 kWh, respectively 
(slightly increased, compared to the previous two years), while electricity consumption in public lighting was signifi-
cantly reduced, i.e. 1,306,939 kWh and 1,306,048 kWh, respectively. 

 

 

Figure 1: Structure of electricity consumption in the public sector before lamp replacement 

2.2. Previous situation in public lighting 

The main characteristics of the public lighting system in the municipality of Priboj were mostly inefficiency and obso-
lescence, and as such, the system did not provide quality lighting. There were high costs for energy and maintenance. 
In addition, the function of the system was significantly impaired by years of insufficient or poor maintenance. 

The maintenance of the public lighting system carried out by the municipality included the replacement of light 
sources (bulbs) and other parts of lamps (ballasts, bulb sockets, glass protectors), replacement of damaged lamps, 
replacement of damaged poles and cable installations, replacement of damaged parts of control units (meters, con-
tactors, photo relays, astronomical clocks, fuses) and, if necessary, system expansion. 

Table 1: Condition of lamps before replacement 

STRUCTURE OF  
LAMPS 

NUMBER OF 
LAMPS 

INSTALLED POWER 
(in kW) 

Mercury 125М 998 137.23 

Mercury 250М 243 66.83 

Sodium 70М 595 45.82 

Sodium 100М 36 3.96 

Sodium 150М 33 5.45 

Sodium 250М 48 13.20 

Spotlight МХ 30 1 0.03 

Spotlight МХ 150 10 1.65 

Spotlight МХ 250 4 1.10 

Spotlight МХ 400 2 0.88 

Spotlight НА 250 4 1.10 
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Spotlight НА 400 10 4.40 

Existing  LED 28 64 1.79 

Existing  LED 39 57 2.22 

Existing  LED 57 152 8.66 

Existing  LED 84 202 16.97 

Existing  LED 110 20 2.20 

Existing  LED spotlight 50 7 0.35 

Existing  LED spotlight 100 16 1.60 

Existing LED spotlight 400 28 11.20 

TOTAL: 2,530 326.62 
 

On the whole, the quality of maintenance of the public lighting system was insufficient, which resulted in insufficient 
quality of the lighting itself. This situation endangered the safety of all participants in traffic, and the problem of in-
adequate lighting particularly posed the problem for the traffic safety of children - pedestrians. 

Table 1 shows the condition of the lamps before the replacement of the bulbs - the total number of lamps and the 
total installed power. 

Figure 2 represents the percentage structure of public lighting in the municipality of Priboj. As it can be seen, the 
existing lighting was dominated by mercury bulbs with 49.05% and sodium bulbs with 28.14%. 

 

 

 

 

 

 

 

 

 

 
Figure 2: Structure of public lighting before light bulb replacement 

2.3. Improved condition 

When drafting the reconstruction proposal and finding the optimal lighting solution, the following principles were 
followed: 

- to rely on the existing electrical installation for the solution, 

- to propose a rational solution that meets the necessary lighting criteria relating to a given category of road, to 
the extent that the current network infrastructure allows it, 

- to meet the required levels of illumination with adequate installed equipment, meaning that it is necessary to 
use the highest quality lamps and to meet the applicable standards and regulations regarding the illumination 
of roads. 

- to significantly reduce electricity consumption. 

In addition to the choice of lamps, it is important to consider the method of managing the public lighting system. The 
following results are achieved by managing public lighting: 

- reduction of energy consumption and CO2 emissions, 

- reduction of light pollution, 

- reduction of maintenance costs. 

By installing an appropriate control system, it is possible to provide night control of lighting and reduce the intensity 
of light emitted by each lamp, while maintaining uniformity of illumination. There are different systems for managing 

49.05

28.14

1.24
21.57

Structure of previous public lighting

Mercury bulbs Sodium bulbs Spotlights Existing LED 
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public lighting. The most economical way to regulate night lighting is through built-in automatic dimmers in the 
lamps. It is a tested technology that has been functioning reliably for many years. The rate of failures in newly installed 
luminaires is minimal and they are eliminated by a private partner during the term of the contract. 

The analysis of the data obtained by field measurements, which are shown in Table 1, established the exact number 
of lamps that are the subject of reconstruction and calculated the exact installed power. When choosing new lamps, 
it was made sure that they have good photometric characteristics, a high degree of mechanical and electrical protec-
tion, made of quality and unbreakable materials, which ensures a long service life. 

During the public-private partnership, the private partner prepares project documentation, procurement, transport 
and installation of equipment, managing the replacement of existing lamps for energy efficient LED lamps, disposal 
of old equipment in a place determined by the public partner, financing, insurance (in the first year ) and maintenance 
of the project and public lighting system for the duration of the contract, with the aim of reducing budget costs and 
raising the level of efficiency in the provision of public services. The project is fully financed from the potential of a 
private partner - there are no investments for local self-government. 

The analysis of the categorization of roads and the number of existing luminaires determined the exact number of 
LED luminaires needed for the reconstruction of public lighting and their installed power. Based on these principles, 
Table 2 shows the newly designed solution. 

Table 2: Condition of lamps after replacement  

Type of lamp and its 
power (W) 

Total Num-
ber 

Total Installed 
Power in (kW) 

Total dimmed 
installed power in (kW) 

NEW LED 80 W 99 7.92 6.73 
NEW LED 60 W 359 21.54 18.31 
NEW LED 45 W 17 0.77 0.65 
NEW LED 40 W 994 39.76 33.8 
NEW LED 25 W 484 12.1 12.1 
NEW REF 60 W 11 0.66 0.66 
NEW REF 100 W 20 2.00 2.00 
LED REF 50 W* 7 0.35 0.35 
LED REF 100W* 16 1.6 1.6 
LED REF 400W* 28 11.2 11.2 
LED LAMP.28W* 64 1.79 1.79 
LED LAMP 39W* 57 2.22 2.22 
LED LAMP 57W* 152 8.66 8.66 
LED LAMP 84W* 202 16.97 16.97 
LED LAMP 110W* 20 2.2 2.2 

TOTAL 2530 129.74 119.24 
 

Estimated financial savings: 

After the reconstruction, the Municipality of Priboj in the first year should achieve guaranteed savings of at least 
1389293 RSD or 11675 EUR, which is 10% of current expenditures on the electricity bill annually. The estimated finan-
cial savings during the 15-year contract should reach about 26 million RSD for the Municipality of Priboj (in case there 
is no increase in electricity prices in the next 15 years, which is unlikely). 

3. ACHIEVED SAVINGS 

Table 3 shows electricity consumption and energy savings for public lighting in the municipality of Priboj, in 2019 
and 2020.  

Table 3: Savings in electricity consumption  

Period Electricity consumption for pub-
lic lighting in 2019 (kWh) 

September 2019 97,129 
October 2019 136,984 
November 2019 128,850 
December 2019  148,365 

TOTAL ELECTRICITY  CONSUMPTION IN 4 
MONTHS OF 2019 (kWh) 

511,328 
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Period Electricity consumption for pub-
lic lighting in 2020 (kWh) 

September 2020  44,017 
October 2020 57,052 
November 2020 60,392 
December 2020 70,718 

TOTAL ELECTRICITY  CONSUMPTION IN 4 
MONTHS OF 2020 (kWh) 

232,179 

Period Electricity savings (kWh) 
September 2020  53,112 
October 2020 79,932 
November 2020 68,458 
December 2020 77,647 

TOTAL ELECTRICITY SAVINGS (kWh) 279,149 

Period Electricity savings (%) 
September 2020  55 
October 2020 58 
November 2020 53 
December 2020 52 

AVERAGE ELECTRICITY SAVINGS (%) 55 

Savings in electricity consumption amount from 53 112 kWh to a maximum of 79 932 kWh, which is a percentage of 
52-58%, an average of 55% for the four analyzed months. Figures 3 shows the graphical presentation of reduction of 
electricity consumption for public lighting, for the analyzed period (September 2019-December 2020).   

 

 

 

 

 

 

 

 

 

 

 

 
Figure 3: Reduction of electricity consumption – comparison between previous and new public lighting system  

Table 4 shows reduction of CO2 emission for public lighting in the municipality of Priboj, for the period from Septem-
ber 2019 to December 2020.  

Table 4: CO2 emission savings 

Period  CO2 emission in 2019 (tCO2) 

September 2019  106.84 
October 2019 150.68 
November 2019 141.74 
December 2019  163.20 

TOTAL CO2 EMISSION IN 4 MONTHS OF 2019 (tCO2) 562.46 

Period CO2 emission in 2020 (tCO2) 
September 2020  48.42 
October 2020 62.76 
November 2020 66.43 
December 2020 77.79 
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TOTAL CO2 EMISSION IN 4 MONTHS OF 2020 (tCO2) 255.40 
Period CO2 emission reduction (tCO2) 
September 2020  58.42 
October 2020 87.93 
November 2020 75.30 
December 2020 85.41 

TOTAL CO2 EMISSION REDUCTION (tCO2) 307.06 

Period CO2 emission reduction (%) 
September 2020  55 
October 2020 58 
November 2020 53 
December 2020 52 

AVERAGE CO2 EMISSION REDUCTION (%) 55 

Results, obtained after installing the new LED lamps, in analyzed period, show the reduction in CO2 emissions in range 
from 58.42 tCO2 to 87.93 tCO2. As a percentage, the reduction in CO2 emissions is up to 52 to 58%, which is an average 
of 55%. 

Figure 4 shows reduction of CO2 emissions in a case of municipality of Priboj, after installing LED lamps, for the same 
period as electricity consumption (from September 2019 to December 2020). It can be concluded that a significant 
reduction in CO2 emissions is achieved with new LED lamps, compared to the previous system of public lighting with 
dominant mercury bulbs and sodium bulbs.      

 

Figure 4: Reduction of CO2 emissions - comparison between previous and new public lighting system 

Table 5 shows electricity cost reductions, obtained with LED lamps in the municipality of Priboj, for the period from 
September 2019 to December 2020. 

Table 5: Savings in electricity costs 

Period  
Cost of electricity for public 
lighting in 2019 (RSD) 

September 2019  1,136,164.47 
October 2019 1,604,476.30 
November 2019 1,508,681.19 
December 2019  1,737,011.62 
TOTAL ELECTRICITY COSTS IN 4 MONTHS OF 2019: 5,986,333.58 

Period 
Cost of electricity for public 
lighting in 2020 (RSD) 

September 2020  471,923.17 
October 2020 611,085.91 
November 2020 646,711.74 
December 2020 757,052.07 
TOTAL ELECTRICITY COSTS IN 4 MONTHS OF 2020: 2,486,772.89 
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Period 
Savings in electricity costs for 
public lighting (RSD) 

September 2020  664,241.30 
October 2020 993,390.39 
November 2020 861,969.45 
December 2020 979,959.55 
TOTAL SAVINGS IN ELECTRICITY COSTS: 3,499,560.69 

Period 
Savings in electricity costs for 
public lighting (%) 

September 2020  58% 
October 2020 62% 
November 2020 57% 
December 2020 56% 
AVERAGE SAVINGS IN ELECTRICITY COSTS 58% 

Savings in electricity costs on a monthly basis amount to 664,241.30 to 979,959.55 dinars. As a percentage, savings 
range from 56 to 62%, averaging 58% on a monthly basis compared to the same period previous year. 

Figure 5 shows the structure of electricity consumption in the last five years and shows that the share of electricity 
consumption for public lighting was 60% higher than the share of electricity consumption in public buildings in 2016, 
and in 2020 consumption was higher for public buildings than for public lighting.  

 

Figure 5: Structure of electricity consumption in the public sector before and after lamp replacement 

4. CONCLUSION 

The replacement of existing light sources with more efficient LED lamps is increasingly becoming a satisfactory and 
cost-effective solution due to its low energy consumption, long life, improved quality of lighting, and thus increased 
general safety and satisfaction of citizens, reduced investment and maintenance costs, lower environmental impact 
and many other benefits. Better quality of life of citizens is achieved through greater safety in traffic, both for pedes-
trians and drivers, and by reducing the number of traffic accidents. New LED lighting also affects general security, 
reduces social crime and strengthens personal security. In addition, new LED lighting contributes to the creation of 
smart cities. At the same time, as it is a public-private partnership project, quality maintenance by a private partner 
and quality management of the public lighting system is achieved. 

This paper represents the possibility for reduction of electricity consumption and thus CO2 emissions, by replacing 
existing lighting with LED lighting, in a case of public lighting system of the municipality of Priboj.  The savings 
achieved are: reduction of electricity consumption in four months period by an average of 55%, average reduction of 
CO2 emissions by 55%, while reduction of electricity costs is averagely 58%.  These results clearly show the importance 
of replacing obsolete public lighting devices with new ones, both in terms of energy saving and emission reduction, 
as well as in financial term. 
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ABSTRACT 

The subject of analysis in this paper are laminated composites as an always popular topic in the field of composite 
materials. The introductory part of the paper presents a brief overview of the current state of research in this area and 
points out further directions of research related to this very interesting topic. The classification of laminated compo-
site plates from the aspect of different criteria are described in detail. As the subject of the paper is stress-strain anal-
ysis of laminated composite, the expression for the generalized Hooke's law of orthotropic class of material symmetry 
is given. The terms of the constitutive matrix are expressed through engineering constants. At the end, the bending 
analysis of the rigidly supported laminated plate under a sinusoidal load was performed. The mentioned analysis was 
conducted using software based on the finite element method. A comparative analysis of the plate with the different 
ply orientation (0°/90°/90°/0° and -45°/45°/45°/-45°) was done. The obtained results were analyzed and appropriate 
conclusions were made. 
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1. INTRODUCTION 

Many elements of modern constructions require material characteristics that do not have conventional materials. 
Such requirements can only be met by composite materials (composites), which are a combination of two or more 
materials with different characteristics. The development of these materials stemmed primarily from the need to 
achieve the highest possible strength and rigidity in many structures while reducing weight. The advantage of com-
posites over classic structural materials (metals) is that parts of the composite can be designed so that they can have 
different material properties in different cross-sections and different directions. Also, composite materials have high 
resistance to corrosion, material fatigue, good behavior in structural elements exposed to bending. Longer service 
life of composites reduces maintenance costs, on the one hand, and reduces exploitation costs due to the lower 
weight of structural elements, on the other hand. In addition to the above advantages, composite materials as well 
as other materials have their disadvantages. Due to the complexity of their structure (consist of two or more materi-
als), it is often very difficult to diagnose damages at the internal structure of a composite material. Then, servicing and 
repairing structural elements made of composite materials can be much more difficult than constructions made of 
conventional materials, which ultimately increases maintenance costs. Delamination of laminated composites can 
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occur due to the stress concentration at the contact of two layers with different material characteristics. This breaks 
the matrix and damages the laminate. Despite the mentioned disadvantages, having in mind all the above ad-
vantages, laminated composites are the current topic of research which is evidenced by a large number of review 
papers [1-4]. The static problems of bending and buckling of laminated plates for different cases of boundary condi-
tions were analysed by the authors in the papers [5-7]. The influence of different ply orientation in square and rectan-
gular laminated plates was studied for different cases of dynamic loading. In [8-10], free vibrations of laminated plates 
under different boundary conditions were studied. The propagation of elastic waves in laminated composite with 
special emphasis on Lamb waves was also analyzed [11-13]. In order to overcome delamination as the main disad-
vantage of laminated composites, in recent years the authors have been researching functionally graded materials 
[14-16]. 

2. CLASSIFICATION OF LAMINATED COMPOSITES 

There are a large number of classification of composite plates with plies in the literature and there is no completely 
clear classification because they are such materials whose characteristics are under control of the designer. The type 
of composite plates with plies depends of the geometric parameters of the plate, the way that plies are combined, 
the material characteristics of the individual ply, etc. 

Depending on the material of the constituents, the composite plates with plies can be: 

1. Sandwich composite plates or sandwich composites 
2. Laminated composite plates or laminated composites 

Sandwich composites or laminates with core contains two outer plies and one middle ply that is usually made of 
cheaper and lighter material. In this way, the price is reduced but at the same time the bending stiffness of the lami-
nate is improved. 

Laminated composites, unlike sandwich laminates, do not have a core. Depending on whether they are plies consist 
of the same or different materials, their further classification is: homogeneous and hybrid laminated composites. Con-
sidering the way of defining sandwich laminates, it is completely clear that they can only be hybrid. 

The other one classification of laminated composites is based on geometric parameters (angles of orientation of in-
dividual plies in relation to the adopted global coordinate system or in relation to the middle plane of the laminate, 
thickness of individual plies, mutual position of adjacent layers, etc.). The most general classification of laminated 
composites based on the geometric characteristics of the plies in relation to the middle plane is [17]: 

1. Symmetrical laminates 
2. Antisymmetrical laminates 
3. Asymmetrical laminates ili non-symmetrical laminates 

Symmetrical laminates (Figure 1a) - The geometric characteristics are symmetrical in relation to the middle plane of 
the plate. It means that the angles of orientation of the plies, the thickness of the plies and the characteristics of the 
material above and below the middle plane are equal to each other: 

( ) ( ) ( ) ( ) ( ) ( )
ij ij

k k
k k,  C C ,  h h ,z z z z z zθ θ= − = − = −  (1) 

where are: 

z=0 - equation of middle plane, 
θ - the orientation angle of the fibers in relation to the global coordinate system, 

ij

kC - coefficients of elasticity of the ply “k” in relation to the middle plane, 

kh - the thickness of the ply “k” in relation to the middle plane. 

   
а) symmetrical laminates b) antisymmetrical laminates c) asymmetrical laminates 

Figure 1: Laminated composite constituted of single-directional plies with different orientation 
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Antisymmetrical laminates (Figure 1b) - the plies thicknesses and material characteristics of the plies above and 
below the middle plane are equal to each other, while the angles of orientation of the fibers relative to the global 
coordinate system, above and below the middle plane, are opposite signs: 

( ) ( ) ( ) ( ) ( ) ( )
ij ij

k k
k k,  C C ,  h h ,z z z z z zθ θ= − − = − = −  (2) 

Asymmetrical laminates (Figure 1c) - there is a complete independence of the geometric characteristics of the plies 
above and below the middle plane, so a mathematical relationship cannot be established between the orientation 
angles, material characteristics and ply thickness above and below the middle plane. 

Further, based on geometric characteristics, ie. based on the orientation of plies, laminates can be classificated as: 

1. Angle ply laminates 

2. Cross ply laminates 

3. Angle ply and cross ply laminates 

4. Quasi-isotropic laminates 

5. General laminates 

Angle ply and cross ply laminates have two orthogonal planes of symmetry which do not necessarily coincide with 
the planes of the adopted coordinate system. The directions of the plane of symmetry in relation to the adopted 
coordinate system are bisector directions, while the angle between of the bisector line and one of the axes of the 
coordinate system is the bisector angle��. The fibers of individual plies are shifted relative to the bisector direction 
by laminate angles ±�. The main difference between angle ply and cross ply laminates is: angle ply laminates can 
have arbitrary values of angles ��and ±�, while cross ply laminates have fixed value of  the bisector and laminate 
angle (�=45° and��=±45°). For the value of the bisector angle �=0°, the directions of material symmetry and coordi-
nate axes coincide. 

Quasi-isotropic laminates are a type of laminate in which the plies are laid in such a way that the laminate acts as 
an isotropic ply under plane load.                                                                                                                                                                                             

Generalized laminates are laminates in which the plies can have completely different fiber orientations and analysis 
such laminates is difficult in terms of macromechanical properties. 

Based on the thickness of the plies, it is possible to classificated the laminate as: 

1. Balanced laminates 

2. Unbalanced laminates 

Balanced laminates - all plies must have the same thickness. 

Unbalanced laminates - the thicknesses of the plies may be partially or completely different. 

It should be emphasized that there are no clear boundaries between the previously listed tupes of laminates, so for 
example one laminate can be at same time symmetrical, quasi-isotropic and unbalanced. Therefore, in the literature 
often when describing macromechanical characteristics can be found, for example, symmetric quasi-isotropic lami-
nates or non- symmetric cross ply laminates, etc. 

3. GENERALIZED HOOK'S LAW 

3.1. Coefficients of the constitutive matrix 

The coefficients of constitutive matrix can be expressed by using: 

1. Engineering constants 

2. Elastic constants defined in Spencer's papers 

Expressing the coefficients of the constitutive matrix by using engineering constants is a much more common, espe-
cially in engineering practice. Also, this way of expression is more suitable for application in numerical methods such 
as the finite element method. The second principle of expressing the coefficients of the constitutive matrix is useful 
due to its invariance in relation to the rotation of the coordinate system, so it is not necessary to use transformations 
of the constitutive matrix. Depending on the class of symmetry of the constituents, composite materials require the 
definition of a greater number of material constants then to conventional materials. Experimental static and dynamic 
methods are used to determine the material constants. Laminated composite are a type of composite material that 
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consists of several individual fiber-reinforced plies of the same or different orientation. Plies can be composed of ma-
terials with different types of symmetry from isotropic to completely anisotropic and can have different structures, 
thicknesses and mechanical properties. The most common constituents of laminated composite  are plies with the 
following classes of symmetry: 

1. Isotropic 

2. Transversely isotropic 

3. Orthotropic 

4. Anisotropic with monoclinic type of symmetry 

5. Anisotropic with triclinic type of symmetry 

When the laminate is constituted of fiber-reinforced materials, then the constituents of the laminate are most often 
orthotropic classes of symmetry. Coordinate system rotations can cause the ply symmetry class relative to the global 
coordinate system to correspond to anisotropic material with monoclinic symmetry type. Orthotropic single-direc-
tional composite layer are obtained as a combination of single-directional plies which have one privileged direction 
that coincides with one of the axes of the global coordinate system. Planes normal in that direction have isotropic 
characteristics. They represent the simplest structure of orthotropic materials and consist of single-directional layers 
whose material coordinates 1, 2 and 3 coincide with the coordinates of the layers x, z, y. Figure 2 shows layer with 
orthotropic type of material symmetry. 

 

Figure 2:  Layer with orthotropic type of material symmetry 

Hook's generalized law for orthotropic type of material symmetry is: 
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where is: 

( )12 21 23 32 13 31 21 32 13

1 2 3

1 2
.

E E E

ν ν ν ν ν ν ν ν ν− − − −
Δ =  (4) 

In the case of small thickness orthotropic ply as a constituent of laminate, assuming plane type of stress state as well 
as that the displacement normal to plane of plate is constant, it can be neglect the third type and third column of the 
constitutive matrix, so equation (3) reduces to: 

21

2 211 11

22 21 22

2 123 23

2313 13

1312 12

12

1
0 0 0

1
0 0 0

            
0 0 0 0
0 0 0 0
0 0 0 0

E E

E E

G
G

G

ν
σ ε
σ ν ε
τ γ
τ γ
τ γ

 
 Δ Δ               Δ Δ=    

    
    
       

  

 (5) 

z,3

y,2

x,1

33σ
13τ 23τ

22σ

11σ
13τ

12τ12τ

23τ



Vol. 1 • (2022) • No. 2 Engineering Today 

 FMCE Kraljevo 33 

where is:

  ( )12 21

1 2

1
.

E E

ν ν−
Δ =  (6) 

4. FINITE ELEMENT MODELLING OF LAMINATED COMPOSITE 

In most cases when the analyzed structural element has a complex geometry, complex load and different materials, 
it is not possible to find a solution in analytical form. Analytical solution involves obtaining analytical expressions for 
calculating the required quantities at different points (stress, deformation, temperature, etc.). To obtain such data, it 
is necessary to solve differential [18] or partial differential equations, which can only be done for very simple prob-
lems. Therefore, numerical methods are used. One of the most commonly used numerical method is finite element 
method (FEM). The development of computer technology has led to the expansion of the use of numerical methods, 
so that today numerical analysis is often a mandatory part of project documentation. The use of numerical methods 
can achieve significant savings in economic terms, especially in structures where it is not necessary to perform exper-
iments. 

4.1. Description of model 

A laminated composite plate fixed along all four edges and loaded with a sinusoidally distributed load was analyzed 
(Figure 3): 

0( , ) sin cos .
x y

q x y q
a b

π π   =    
   

 (7) 

The geometric and material characteristics of the composite plate are given (8). Static analysis was performed for two 
cases of ply orientation of symmetrical cross ply laminate (0°/90°/90°/0° и -45°/+45°/+45°/-45°) by using the finite 
element method. The FE model is discretized with 1024 finite elements and 1089 nodes. 

  
a) symmetrical cross ply laminate 0°/90°/90°/0° b) symmetrical cross ply laminate -45°/+45°/+45°/-45° 

Figure 3: Laminated composite plates under sinusoidally distributed load 

Geometric and material characteristics of laminated composite plate are: 
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4.2. Numerical results 

Bending analysis of plate for two different cases of ply orientation was performed. In order to perform a comparative 
analysis of the obtained values of displacement and stress, the mentioned values are normalized according to: 

( )
3 2 2 2

2
4 2 2 2

0 0 0 0

100
, ; ( ) , , ; ( ) , , ; ( ) .

2 2 2 2 2 2xx xx yy yy xy xy
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q l q l q l q l
σ σ σ σ τ τ     = = = =     

     
 (9) 

Table 1 shows the comparative results of normalized values of vertical displacementw , normal stresses ,xx yyσ σ and 
 shear stress xyτ  for symmetrical cross ply laminate with two different combinations of ply orientation. 
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Table 1: Normalized values of vertical displacementw , normal stresses ,xx yyσ σ and shear stress xyτ
 Ply orientation w σxx σyy τxy 

  ply 1 ply 2 ply 3 ply 4 ply 1 ply 2 ply 3 ply 4 ply 1 ply 2 ply 3 ply 4 
0°/90°/90°/0° 0.1213 -0.1620 -0.0552 0.0552 0.1620 -0.0082 -0.0027 0.0027 0.0082  0.0038 -0.0013  0.0013 -0.0038 

-45°/45°/45°/-45° 0.1484 -0.1470 -0.0835 0.0835 0.1470 -0.0114 -0.0028 0.0028 0.0114 -0.0092 0.0031 -0.0031 0.0092 
 

  
a) symmetrical cross ply laminate 0°/90°/90°/0° b) symmetrical cross ply laminate -45°/+45°/+45°/-45° 

Figure 4:  Normalized values of vertical displacement field w  

  
a) symmetrical cross ply laminate 0°/90°/90°/0° b) symmetrical cross ply laminate -45°/+45°/+45°/-45° 

Figure 5:  Normalized values of normal stress field xxσ - ply 1 

  
a) symmetrical cross ply laminate 0°/90°/90°/0° b) symmetrical cross ply laminate -45°/+45°/+45°/-45° 

Figure 6:  Normalized values of normal stress field xxσ - ply 2 
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By analyzing the obtained results, it can be concluded that a higher value of vertical displacement was obtained for 
the laminated plate with the ply orientation -45°/45°/45°/-45° compared to laminated plate with the ply orientation 
is 0°/90°/90°/0°. The value of the maximum displacement of the center point on the plate is about 20% higher in the 
second case compared to the first case of ply orientation. When we analyze the stresses, different values of normal 
and shear stresses in different layers are obtained. For example, the normal stresses and shear stress are about 3 times 
higher in ply 1 compared to ply 2 for plate with 0°/90°/90°/0° ply orientation. The same relation is in ply 4 compared 
to ply 3. Precisely different values of certain stresses in different plies can serve as a starting point in the design phase 
of laminated structural elements. By a different combination of the orientation of the plies, the desired strength and 
rigidity of the designed structural element can be achieved. The influence of the different ply orientation of the lam-
inated plate to the values of displacement and stresses can best be seen in Figures 4-6. Figure 4 shows the normalized 
values of vertical displacement field w of the laminated plate while normalized values of normal stress field xxσ  in 
ply 1 and 2 are presented in Figure 5 and Figure 6. 

5. CONCLUSIONS 

This paper points out the importance of research and use of composite materials with special emphasis on laminated 
composite materials. A brief overview of the current state of research related to mentioned area is given. Particular 
accent is placed on the basic advantages and disadvantages of composite materials compared to conventional ma-
terials. The classification of laminated composites from the aspect of different criteria is presented. The relations be-
tween stress and strain in the field of linear elasticity is given by the generalized Hooke's law. The constitutive matrix 
for the orthotropic class of material symmetry are expressed by engineering constants. Finally, a comparative bending 
analysis of two laminated composite plates with different ply orientations was performed by using finite element 
methods. Comparative results of vertical displacement and stresses for the cases of symmetrical cross ply laminate 
0°/90°/90°/0° and symmetrical cross ply laminate -45°/45°/45°/-45° are shown. By analyzing the results, it was noticed 
that higher vertical displacement of central point at plate is obtained in the case of the ply orientation -45°/45°/45°/-
45° compared to the laminated plate with the ply orientation 0°/90°/90°/0°. 
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ABSTRACT 

The paper presents the application of cement stabilization in the world and in our country. In addition to the literature 
review, basic physical - mechanical tests of the pavement base without the use of hydraulic binder and with the use 
of hydraulic binder with different percentages of participation (3, 5, and 7%) were given. The hydraulic binder of the 
manufacturer LaFarge HRB 12.5 was used as a binder, and the material on which this binder was tested is a clay ma-
terial taken from Subotica. Using this binder, it was concluded that any percentage of binder leads to significant im-
provement of the placenta and thus improves the load-bearing capacity of the pavement structure. 

KEYWORDS

Hydraulic binder, Base, Pavement construction 

1. INTRODUCTION 

During the infrastructure building, it is sometimes impossible to avoid sections where the foundation soil or pave-
ment base soil does not meet the minimum requirements, either in terms of load-bearing capacity or in terms of 
required material quality, and which the project or some general applicable regulation imposes on the material itself 
and its installation condition. There are several procedures, groups of soil stabilization procedures: mechanical, stabi-
lization with lime, cement or similar hydraulic binders, bituminous binders, special chemical agents and geotextiles. 

The basic mechanism for mechanical soil stabilization is thickening, then its granulometric composition must be im-
proved. When soil stabilization is carried out with binders, hardening is achieved by connecting soil particles by mix-
ing with binders. Necessary groups are soil stabilization procedures using geotextiles, when geotextiles (non-woven 
textiles, mesh) and a layer of stone material are laid over weak and unstable soil, which is used to establish the re-
quired load-bearing capacity. 

The first application of soil stabilization was achieved approximately 5000 years ago, when the so-called Shaanxi-
pyramids (towards the province of Shaanxi) were made of clay mixed with lime. The Chinese wall between the brick 
walls has a core of clay stabilized with lime, and the Chinese used the same procedure to build roads and improve the 
soil during the bridges building. The Indians used a mixture of clay and lime as masonry mortar, and the Romans built 
roads with lime and volcanic ash 2000 years ago. 
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The Roman road Via Appia has three of the four layers of pavement structure (1.2 m thick) stabilized with lime. The 
practice of stabilizing the soil with hydraulic binders (lime, pozzolan) in many countries has survived to our time. 
Modern soil stabilization procedures, which are based not only on experience but also on professional and scientific 
claims, began to develop first in the United States. Due to the very bad condition of the roads at the beginning of our 
century and the need to connect very remote areas, various possibilities of soil consolidation were begun to be stud-
ied. 

The national reports of the World Congress on Roads (AIPCR) show that four basic stabilization procedures are applied 
today (mechanical, lime, hydraulic binders, bitumen) and that they have become standard techniques in more than 
50 countries. The mentioned stabilization procedures have also been applied in our country since the 1960s. They are 
mostly standardized by SRPS standards. Stabilization, improvement of bearing capacity with the help of geotextiles, 
began to be applied much later (around 1960), which was conditioned by the ability of the industry to produce suffi-
cient quantities of these materials, at low enough prices, to be rationally used in construction. 

The papers encountered in the last decade are the stabilization of fine-grained soil with fly ash [1]. The authors exam-
ined low to medium plasticity clay as well as medium to high plasticity clay. The ash was used as a binder in the 
amount of 15 to 20%. After the tests, it is concluded that the ash can be used to improve the pavement base. Some 
of the authors have examined the use of ash as a material for the construction of road embankments using a hydraulic 
binder (lime and cement) with different percentages [2]. The authors came to the conclusion that the application of 
ash with or without binders can be used for road construction and give quite good test results. Some authors have 
examined river sludge as bedding material in pavement bases. As a binder, they used cement with the addition of 
ash up to 20%, on the basis of which they concluded that ash and sludge can be used as embankments of material 
[3]. Many papers are related to the use of waste and recycled materials [4-9] for the production of pavement layers 
and with the addition of binders in order to improve the load-bearing capacity in the layer. 

This paper presents the basic physical and mechanical tests of the pavement base with and without the addition of 
binders, in order to be able to compare the values and show how much the hydraulic binder has improved in terms 
of natural soil characteristics. As a binder, a hydraulic binder was used, which was formed by a combination of lime 
and cement. The percentages of soil stabilizer binder additives are 3, 5 and 7%. 

2. MATERIALS 

Natural material (clay material) and hydraulic binder (BeoBond C30 "LaFarge" from Beocin) were used to make the 
stabilized pavement base. The location of the taken sample is shown in Figure 1. 

 

Figure 1: View of the location of the taken material sample 

2.1. Clay material of low plasticity 

To test this type of soil, tests were performed according to the following standards: 

- determination of granulometric composition of aggregates (SRPS U.B1.018: 2005 [10], SRPS EN 933-1: 2013 [11]), 

- determination of soil sample moisture (SRPS U.B1.012: 1995 [12]), 

- determination of soil consistency, Atterberg limits (SRPS U.B1.020: 1980 [13]), 

- determination of the ratio of moisture and dry bulk density of soil (SRPS EN 13286-2: 2012 [14]), 

- determination of the California load index (SRPS EN 13286-47: 2012 [15]). 
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2.1.1. Granulometric composition 

In order to classify the material, the granulometric composition and distribution of particles as a function of grain size 
were examined. The method of wet sowing with the use of distilled water was applied. To determine the granulo-
metric composition of the clay, 300 g of material with a series of sieves were used: 4, 2, 1 mm and 500, 250, 125, 90, 
63 μm. Most of the material passed through a 1 mm sieve (77%), with rare exceptions. A total of 1 sample was made, 
in accordance with the appropriate standards, and depending on the size of the tested particles: 

- SRPS EN 933 - 1: 2013 - Tests for particle size distribution of aggregates - Part 1: Determination of particle size 
distribution - Screening method, 

- SRPS U.B1.018: 2005 - Geomechanical testing: Determination of particle size distribution. 

The tested sample can be classified into a group of very fine clay materials. The granulometric composition of the 
aggregate is given in Figure 2. 

 

Figure 2: Granulometric composition of aggregates 

According to the USCS [16] classification, the material belongs to the CL group or low plasticity clay, while according 
to the AASHTO [17] classification it belongs to the A-7-6 group, ie it belongs to the group with high plasticity index in 
relation to their yield strengths, and such materials can be highly elastic and subject to significant changes in volume. 

2.1.2. Material compaction characteristics (Proctor`s experiment) 

This procedure defines the optimal water content. With it the largest dry bulk density is achieved, with the applied 
compaction energy, and under the conditions defined by the standard: 

-  SRPS EN 13286-2: 2012 - Unbound and hydraulically bound mixtures - Part 2: Test methods for laboratory reference 
volume and water content - Proctor compaction. 

In accordance with the granulometric composition, a compaction energy of 600 kN/m3 was applied, and under the 
assumption that the same will be applied in the field. The test results of the Proctor test are shown in Figure 3. It is 
observed that the maximum bulk density is 1.61 t/m3 at an optimum humidity of 20.1%. 

 
Figure 3: Chart of Proctor's test 
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2.1.3. Load-bearing capacity of the California load-bearing index 

The California Load Index (CBR) is a number that physically represents the resistance of a standard piston to standard 
values. When designing pavement structures in road construction, one of the basic parameters of material quality, 
and in the technical conditions of construction, is prescribed as a mandatory parameter in the production of bedding. 
The experiment was performed according to the procedure and in the apparatus, with accessories and measuring 
devices that are clearly defined by the standard: 

- Unbound and hydraulically bound mixtures - Part 47: Test methods for the determination of California bearing ca-
pacity index, immediate bearing capacity index and linear swelling. 

After the test, the CBR value for penetration of 2.54 mm is 6.3%, while for penetration of 5.08 mm is 5.29%. In Figure 
4 show the diagram of CBR. 

 

Figure 4: Diagram of CBR 

2.2. BeoBond C30 “LaFarge” Beočin 

The following tests were performed for testing the hydraulic road binder: 

- start and end of binding time - SRPS EN 196-3 [18], 

- standard consistency SRPS EN 196-3 [18], 

- volume constancy (Le Chatelier rings) SRPS EN 196-3 [18], 

- determination of compressive strength of cement after 7 and 28 days SRPS EN 196-1 [19], 

- determination of flexural strength of cement after 7 and 28 days SRPS EN 196-1 [19]. 

The test results of this binder as well as the manufacturer's specifications or specifications of quality conditions pre-
scribed by the standard SRPS EN 13282-2 are shown in Table 1. 

Table 1: Results of laboratory tests of hydraulic road binder BeoBond C30 „LaFarge“ Beočin 

Binder characteristics Test results 
Quality 

conditions [20] 
Start of binding time (min) [18] 180 ≥ 150 

End of binding time (min) [18] 215  

Standard consistency (%) [18] 37.5  

Constancy of volume (Le Chatelier rings) (mm) [18] 0.33 ≤ 10 

Determination of compressive strength of cement after 7 days (МPa) [19] 18.1  

Determination of compressive strength of cement after 28 days (МPa) [19] 45.8 32.5-52.5 

Determination of flexural strength of cement after 7 days (МPa) [19] 9.8  

Determination of flexural strength of cement after 28 days (МPa) [19] 10.7  
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After the tests, it is concluded that the hydraulic road binder BeoBond C30 "LaFarge" Beočin fulfills the prescribed 
requirements defined by the standard SRPS EN 13282-2 [14]. 

3. ANALYSIS OF RESULTS AND DISCUSSION 

The mixtures made in this paper are as follows: 

- reference sample without added binder, 

- sample with 3% binder, 

- sample with 5% binder and 

- sample with 7% binder. 

The tests were performed according to the requirements of the standard SRPS EN 14227-11, which include the fol-
lowing tests: 

- determination of optimal humidity and maximum bulk density - Proctor's test with 3, 5 and 7% binder, 

- determination of the California load index after 30 minutes, 4 and 28 days of immersion in water, 

- determination of compressive strength after 7 and 28 days. 

In addition to the above tests prescribed by the standard [20], the following tests were additionally performed: 

- determination of Atterberg`s consistency limits after 5, 15 and 30 minutes, with the addition of 3, 5 and 7% binder. 

From the analyzed location, it was concluded that this is a material belonging to the group of low plastic clay (CL) 
according to the USCS classification of materials, which has certain yield limits WL=42% and with a plasticity limit 
WP=14%. The average humidity of the homogenized material is 28%. According to the AASHTO classification, the 
material belongs to group A-7-6. 

Figures 5 and 6 show the changes in the yield strength WL, the plasticity limit WP as well as the calculated plasticity 
index depending on the percentage of added binder over a period of 5, 15 and 30 minutes. 

  

Figure 5: Change in Atterberg`s limits of consistency for the function of added lime after 5 minutes (left figure), after 
15 minute (right figure) 

 

Figure 6: Change in Atterberg`s limits of consistency for the function of added lime after 30 minutes (left figure) 

The change in the yield strength is negligible and ranges from 40 to 50%, and the plasticity limit increases from 14 to 
28%, with a maximum value of 28% being achieved with 0% binder addition. The plasticity index decreases with 
increasing amount of binder. The minimum value of the plasticity index was achieved with 28.3% with a share of 5% 
binder. The plastic limit could not be determined 30 minutes after the addition of the binder at different participation 
values. 

Figures 7 and 8 shows the flows of change in yield strength, plasticity as well as changes in the calculated plasticity 
index as a function of time. 
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Figure 7: Change in the flow rate limits for the function of time for different percentages of added binder (left fig-
ure); change in the plasticity limits for the function of time for different percentages od added binder (right figure) 

 

Figure 8: Change in the index of plasticity for the function of time for different percentages of added binder 

The materials have reduced yield and plasticity limits, and there is not much difference in the achieved minimum 
value of the plasticity index with 3 and 5% of the binder addition. 

The California load index was tested on the samples after 30 minutes, after 4 and 28 days of immersion in water. Table 
2 shows the CBR values for a given time period. 

Table 2: CBR values for a given time period 

Binder 
(%) 

after 30 minute after 4 days after 28 days 

Direct loading 
capacity index 

Category 
Direct loading 

capacity in-
dex 

Category 
Direct loading ca-

pacity index 
Cate-
gory 

3 29 IPL25 63.8 CBR50 88 CBR50 
5 27 IPL25 71.9 CBR50 >100 CBR50 
7 22 IPL20 67.7 CBR50 94.8 CBR50 

 

The immediate load index, which was determined 30 minutes after the construction of the test body, belongs to the 
IPL25 category with 3 and 5% of binder, and the IPL20 category with 7% binder. CBR values determined after 4 days 
of immersion in water from the test body and results, belong to the CBR50 category with 3, 5 and 7% binder. No 
swelling of the material was registered on the test samples that were tested after 4 and 28 days of immersion in water 
for all three cases of the percentage of binder participation. 

Compressive strengths after 7 and 28 days are shown in Table 3. 

Table 3: Hardness values for pressure 

Вinder (%) Rc, 7 (MPa) Rc, 28 (MPa) Category 
3 - 0.75 Rc 0.5 
5 0.481 1.23 Rc 1.0 
7 1.25 1.78 Rc 1.0 

 

Compressive strength values with 5 and 7% of binder reach the last value of the maximum category according to the 
requirements of the prescribed standard SRPS EN 14227-11, which is Rc 1.0 and which guarantees the achievement 
of permanent strength parameters. 

Figure 9 shows the change in optimal humidity and maximum bulk density of the material depending on the per-
centage of added binder. As the percentage of binder increases, the optimum moisture content of the material in-
creases and the maximum bulk density decreases. 
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The optimum moisture content of the material with 5% of binder increased by 1%, and the bulk density decreased 
from 1.61 to 1.56 g/cm3. 

 

Figure 9: Change of the maximum volume of mass for the function of optimal humidity of the material for different 
percentage of added connective tissue 

4. CONCLUSION 

According to the conducted tests, the following can be stated: 

- for more efficient installation of materials in the layers of the pavement construction, in terms of achieving the 
necessary parameters for material compaction, a percentage of 5 and 7% binder is recommended, 

- with a percentage of 3% binder it is considered that the compressive strength would decrease by 20%, while the 
best values are achieved with a 7% binder addition using the standard [20], 

- to achieve maximum effects in terms of load-bearing capacity, compaction and all analyzed segments from this 
paper, it is necessary to use a percentage of 5% binder, 

- using a percentage of 3% or more percentage of binder during preparation will not cause swelling of the material, 
which accelerates enough that the binder quite quickly regulates the water in the layer. 
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ABSTRACT 

Motor vehicle speed is one of the inputs used to develop models for predicting road traffic noise levels. In existing 
models, the vehicle speed used as input to estimate the noise level is not the current (measured) speed, but the ve-
hicle speed determined based on the speed limit by road type or vehicle type. Therefore, the development of a device 
for measuring vehicle speed using radar that works on the principle of Doppler effect, which is presented in the paper. 
The advantage of this measuring device is the low price compared to similar devices, easy use and the possibility of 
easy processing of data obtained by measurement. The device allows measuring speed in all weather conditions in 
terms of temperature, precipitation and time of day. Then, in real time, it displays the speed and direction of move-
ment of the vehicle on the screen of the mobile phone, and in the stationary laboratory, remote control, adjustment 
and adjustment of the software for measuring speed is enabled. 

KEYWORDS

Noise level, Road traffic, Vehicle speed, Noise level predicting model 

1. INTRODUCTION 

Different models for predicting noise levels use speed to predict noise levels in different ways, so some of them are 
presented. Of course, it should be noted that in addition to these, there are other models that do not use the speed 
of the vehicle to predict noise levels. 

1.1. CoRTN model 

CoRTN model [1] [2] (Calculation of Road Traffic Noise) was developed in cooperation between TRRL (Transport and 
Road Research Laboratory) and the Ministry of Transport of the United Kingdom in 1975, and was modified in 1988. 
According to this model, the value of noise level generated by road traffic at a distance of 10 m from the closer edge 
of the road, which is exceeded during 10% (observed) of one-hour time interval can be estimated using the following 
equation (1): 
 L10 (1h) = 42,2 + 10 logQ + ΔLV + ΔLS + ΔLP + ΔLα [dBA] (1) 

where: 

Q – flow of motor vehicles (vehicles / hour), 
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ΔLV – correction of noise levels for the impact of vehicle speed and the percentage of heavy vehicles, 

ΔLS  – correction of noise levels to influence the slope of the road, 

ΔLP  – correction of noise levels for the impact of the road curtain, 

ΔLα  – correction of noise levels in the case of a line source of limited length. 

An average speed of 75 km/h or a speed corresponding to the type of road is used to calculate the noise level. 

1.2. RLS-90 model 

RLS-90 model [1] [3] was developed by the Ministry of Transport (Road Construction Department) of the Federal 
Republic of Germany in 1990 to predict road traffic noise. This model establishes a connection between the parame-
ters of traffic flow (vehicle flow, percentage of heavy vehicles, speed limit) and the average noise level at a distance 
of 25 m from the road axis. According to the RLS-90 model, the value of noise levels in the open space without verti-
cal obstacles can be estimated as follows (2): 

 L0 = 37,3 + 10 log (Q (1 + 0,082p)) + ΔLV + ΔLS + ΔLP [dBA]  (2) 

Wherein: 

Q – flow of motor vehicles (vehicles / time), 

p – share of heavy vehicles in traffic flow (%), 

ΔLV  – correction of noise levels for the impact of vehicle speed, 

ΔLS  – correction of noise levels for the influence of road slope, 

ΔLP  – correction of noise levels for the impact of the road curtain, 

In this model, the speeds of passenger vehicles from 30 km/h to 130 km/h and the speeds of trucks from 30 km/h to 
80 km/h are used to predict the noise of road vehicles. 

1.3. Burgess model 

This model [4] was developed at the National Physics Laboratory in Sydney. During the measurement, the traffic 
was free, on a flat road, without traffic signals. The analysis developed the equation for the equivalent noise level of 
road traffic and is presented as follows (3): 

 Leq= 55 + 10.2logQ + 0.3p – 19.3logd (3) 

Wherein: 

Q – total number of vehicles, 

p – share of heavy vehicles in traffic flow (%), 

d  – distance. 

This model gives a satisfactory correlation value of 0.95 with a standard error of 1.5 dB compared to the measured 
Leq, noting that heavy vehicles greatly affect the noise level and that not taking into account the speed of the vehi-
cle simplifies the model applies in uninterrupted traffic conditions in Australia. 

1.4. ASJ RTN - model 2018 

The model [4] [5] for predicting noise levels began to develop in the 1970s in Japan. 

The model is based on certain conditions such as road type (pavement, road dimensions, signalized / non-signalized 
road sections), traffic volume, vehicle speed (interrupted / uninterrupted traffic flows), road length and meteorolog-
ical conditions. 

ASJ RTN-Model 2018 calculates noise levels of different vehicles depending on vehicle speed, engine speed and en-
gine load, and the model is expressed as a function of vehicle speed, although the change in noise levels is due to 
the type of road and road slope and type and type vehicles. The noise level of road vehicles is calculated as follows 
(4): 

 LwA= a + blogV + C (4) 

Wherein: 

a, b – regression coefficient, 

V – vehicle speed (km / h), 

C – benchmark correction factor. 
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C=ΔLgrad+ΔLdir+ΔLetc 

ΔLgrad is the correction for road gradient [dB],  

ΔLdir is the correction for sound radiation directivity [dB], and 

ΔLetc is the correction for other factors [dB] 

provided that the model is especially used for sections with uninterrupted traffic flows (highways, motorways) with 
vehicle speeds of 40 to 140 km / h and for sections with interrupted traffic flows (intersections) with vehicle speeds 
of 10 to 60 km / h . 

1.5. CNOSSOS model 

In order to achieve a joint program to address environmental noise, the Council of Ministers of the European Union 
approved in 2002 Directive 2002/49 / EC on the assessment and management of environmental noise, which pro-
vides for a number of activities to implement measures that would contribute to avoiding, preventing or reducing 
the harmful effects of noise in the environment. 

In accordance with Article 6.2 of Directive 2002/49 / EC, in 2012 the European Commission developed Common 
Noise Assessment Methods (CNOSSOS-EU) for road, rail and air transport, as well as industrial noise, which is applied 
in for the purpose of strategic noise mapping in accordance with Article 7 of the Directive, binding from 2019 in all 
EU countries. 

CNOSSOS EU [6] aims to improve the reliability, consistency, and comparability of noise assessment results in EU 
Member States based on data from successive noise mapping cycles. 

The source of road traffic noise is determined by combining the noise emissions of all individual vehicles that form 
the traffic flow. These vehicles are divided into five separate groups based on noise emission characteristics (1: light 
motor vehicles, 2: medium motor vehicles, 3: heavy motor vehicles, 4: two-wheeled motor vehicles and 5: open ve-
hicle category 

Each road vehicle emission model is represented by a set of mathematical equations that represent two main noise 
sources: 

1. rolling noise, caused by the interaction of tires and road and 

2. vehicle propulsion system noise (engine, exhaust system). 

Rolling noise is defined by the equation (5): 

 LWR,i,m = AR,i,m + BR,i,m log(
 
m

ref

v
v

 ) + ΔLWR,i,m (5) 

Vehicle propulsion system noise is defined by the equation (6): 

 LWP,i,m = AP,i,m + BP,i,m 
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Wherein: 

AP,i,m and BP,i,m – octave band coefficients for each vehicle category, 

vref - reference speed 70 km / h, 

vm - speed according to the type of vehicle (km/h), 

ΔLWP,i,m – speed according to vehicle type (km / h). 

The coefficients AP, i, m and BP, i, m are given by octave bands for each vehicle category and for the reference speed vref 
= 70 km/h. ΔLWP, i, m is equal to the sum of the correction factors to be applied to the drive noise emission for spe-
cial driving conditions or conditions other than the reference conditions. 

vm represents speed according to the type of vehicle, with the definition that in most cases it is less than the speed 
limit according to the type of road and the highest speed according to the type of vehicle, assuming that all vehicles 
by category move at the same speed. 

Based on the previously presented models for predicting road traffic noise, it can be seen that some models neglect 
vehicle speed due to model simplicity (Burgess model), some models such as CoRTN model and RLS-90 model use 
speed to correct noise levels, and ASJ RTN - the 2018 model and the CNOSSOS model use vehicle speed as one of 
the main factors for calculating noise levels. 
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2. CHARACTERISTICS OF SPEED MEASURING DEVICES 

Some of the models that predict the noise level use the speed of the vehicle as one of the parameters. The speed used 
is usually not the current speed of the vehicle, but the speed that is defined on the basis of the speed limit for a certain 
type of road or for a certain type of vehicle on certain roads. An analysis of existing speed measurement systems has 
shown that their price is relatively high, that some are very difficult to use (eg speed radars used by the police), and 
that some of them cannot fully meet the required measurement requirements. speed. 

In order to overcome the above problems, a speed measuring device was made. The speedometer consists of a radar, 
a camera, a mini PC housed in a housing, a power battery and a mobile phone. In the following text, the characteristics 
of individual elements of the speed measuring device will be presented. 

2.1. Radar 

The radar used in the speedometer is made by OmniPreSense model OPS243. The OmniPreSense OPS243 is a short-
range radar that detects movement, measures speed and direction. The OPS243 block diagram of the radar is given 
in Figure 1. 

 

 

 

 

 

 

 

 

 

 

 

Figure 1: OPS243 radar block diagram 

Radar signals are processed by an on-board processor which communicates via the API. The OPS243 communicates 
with the Raspberry Pi mini via a mini USB port. This radar detects (Figure 2) pedestrian-like objects at a distance of 25 
m, large metal-like objects at a distance of up to 100 m, with a maximum speed of up to 222 km / h. The radar beam 
of measurement is 20о wide, consumption 1.7 W, in hibernation up to 0.2W and operating temperature from -40оC  
to +85оC. 

Radar (Figure 3) works on the principle of Doppler effect, continuously sends fixed frequency radio waves that strike 
an object (vehicle) moving towards or from the radar. The frequency of the reflected radio wave is changed, and the 
speed of the moving object is obtained from the difference in frequency between the emitted and reflected radio 
waves. 

 

 

 

 

 

 

 

Figure 2: The distance at which moving objects are detected 

If a radio wave is transmitted to a moving object moving away from the radar, each subsequent wave travels a greater 
distance to the object before it is reflected to the radar. Each subsequent wave travels longer, so the wavelength 
increases, while the frequency decreases. In case the radio wave is transmitted towards an object approaching the 
radar, each subsequent wave travels a smaller distance, so the wavelength decreases and the frequency increases. 
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Figure 3: Principle of Doppler effect 

2.2. Camera 

Raspberry Pi V2 camera, uses Sony IMX219 8 mega pixel sensor. The camera is used to record videos and photos. It 
supports 1080p30, 720p60 and VGA90 video mode, connects via a 15 cm cable to the CSI port on a Raspberry Pi mini 
computer. 

2.3. Mini PC 

The Raspberry Pi 3 mini PC uses the Linux debian operating system. The Raspberry Pi 3 mini PC features a 64-bit quad-
core 1.4GHz processor, 2.4GHz dual-band and 5GHz wireless LAN, Bluetooth 4.2 / BLE, faster Ethernet and PoE (Power 
over Ethernet). The mini PC is used in the unit for measuring speed due to its simple programmability.  

Dedicated mini PC software downloads data from the radar API, collects photos taken with the camera and records 
the speed at the time of shooting. The device records the measured speed, at a certain magnitude of the reference 
signal, and the frequency of recording speed can be changed and adjusted via the API. Recorded data is stored on a 
micro SD card.  All measurements are monitored over the network, and the mini PC is accessed from a web browser. 

On the screen of the mobile phone, real-time video from the camera as well as the speed and direction of movement 
of the vehicle can be viewed via a web browser (it is not necessary to install any additional monitoring application on 
the phone). The mini PC computer accesses the hotspot via Wi-Fi (the hotspot function allows the Internet to be 
shared with other devices via mobile phones) activated on the mobile phone, thus enabling the mini PC to have 
internet access. 

Since the Raspberry Pi 3 mini PC does not have a real-time clock on it, the correct time is set via the Internet. The mini 
computer makes a VPN connection to the stationary laboratory where the central computer is located, which enables 
the Raspberry Pi 3 computer to be accessed from the stationary laboratory in the field where the measurements are 
performed. In this way, remote control, adjustment and adjustment of speed measurement software is enabled. When 
measuring speed, the device can be set not to record a speed measured below a certain speed or only to record a 
speed measured above a certain speed.  

3. RESULTS AND DISCUSSION 

Figures 4, 5 and 6 give some of the possible views recorded by the speed measuring device. Figure 4 shows the meas-
ured speed (positive value) of the vehicle on arrival with the date (day.month.year) and time (hour: minute: second) 
when the speed measurement was performed, while Figure 5 shows the measured speed negative value) of the out-
going vehicle with the display of the date and time when the speed measurement was performed. 

 
Figure 4. Recording the speed of movement vehicles; vehicle on arrival  
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Figure 6 shows all measured speeds by radar, ie more measured speeds per second, but the device is set to record 
one measured speed per second and this speed is shown in the image. This setting may be different, ie the device 
can record the speed several times per second, but for the type of measurements required, this is a satisfactory fre-
quency of recording the measured speed. 

Figure 5. Recording the speed of movement vehicles; outgoing vehicle 
 

In order for the speed measuring device to have a practical application, it was calibrated with a laser radar TLaser III 
type B-1-32, serial number 110135 used by the Ministry of Interior of the Republic of Serbia, Traffic Police Administra-
tion and has a Certificate of verification valid until 30 June 2022. During the control measurement to check the cor-
rectness of the measurement, the speed measuring device showed identical results as the laser radar TLaser III, so it 
can be used during any speed measurement. 

Figure 6. Recording of all speeds from the radar 

4. CONCLUSION 

The measuring device performs stationary measurement and was primarily developed for measuring vehicle speed 
as one of the input parameters in the noise prediction model. In addition to this purpose, the measuring device can 
also be used for other vehicle speed measurements in order to record the vehicle speed on certain sections of the 
road. Further development of the measuring device aims at the device, in addition to measuring speed, also counting 
vehicles and recognizing the type of vehicle (motorcycles, passenger, cargo, etc.) in order to obtain the most accurate 
input data for predicting noise levels of road traffic. In addition to this, based on the measured values of speeds, it will 
be possible to form a model for planning road traffic noise for different values of vehicle speed, e.g. in the settlement, 
outside the settlement, motorway and highway. 
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ABSTRACT 

The constant need for heat exchangers that are easy to manufacture and maintain, and that have a standardized and 
already known manufacturing technology, has led to the fact that shell and tube heat exchangers are one of the most 
common devices used in the process industry. In this paper, the analytical and numerical models of the basic shell 
and heat exchanger have presented with dimensions of 3750 x 1000 mm and a nominal heat capacity of 410 kW. 
Using the flow simulation, the influence of different numbers and arrangement of baffles and the changing the posi-
tion of the inlet and outlet of warmer fluid are considered. The temperatures of the fluids on the inlet and outlet are 
taken into account as the main parameters for heat exchanger performance. From obtained results, it can be con-
cluded that with the increase in the number of baffles, the performance of the heat exchanger is increased. The posi-
tion of the inlet and outlet of the warmer fluid greatly influence the heat exchanger performance. 

KEYWORDS

Shell and tube heat exchanger, Simulation, Baffle

1. INTRODUCTION 

Heat exchangers are devices in which heat is exchanged between warmer and colder fluids without a fluids mixture 
[1,2]. There are several groups and subgroups within the division of heat exchangers. The primary division of the heat 
exchanger is according to the purpose, temperature operating mode of the appliance, and functional-technical solu-
tions. According to the purpose, heat exchangers can be used in industrial processes as heaters and coolers, evapo-
rators and crystallizers, evaporators and condensers, and chemical and biochemical reactors, while the division ac-
cording to the operating temperature is divided into a low temperature, medium temperature, high temperature, 
and cryogenic heat exchangers. The most common division of heat exchangers is according to the method of heat 
transfer from one fluid to another, and this classification was made according to functional-technological solutions. 
According to the method of heat transfer, we distinguish: regenerative exchangers, recuperative exchangers, ex-
changers with indirect heat carriers, and contact heat exchangers. Geometric characteristics affect the change in heat 
flux, primarily by changing the velocity and current flow of the fluid, which makes the geometric characteristics an 
important parameter when choosing a model of the shell and tube heat exchanger. Experimental examination of 
different design studies of the heat exchangers requires a lot of time, therefore simulation studies are usually used 
for the analysis of the influence of parameters on the heat exchanger performance [3]. Bicer et al [4] analyzed the 
influence of the different baffle designs to reduce the pressure drop and increase the efficiency of the heat exchanger. 
In their paper, the Taguchi method was used to determine the optimal design of baffles solution. The proposed de- 
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sign leads to a 7.3% increase in the heat transfer rate and a 7.6% pressure drop. Safarian at all [3] considered the 
influence of the elliptical tube cross-sections on the pressure drop and heat transfer coefficient of the heat exchanger. 
Abd et al [5] investigate the influence of the shell diameter and tube length on the heat transfer coefficient and pres-
sure drop. Heat transfer coefficient and pressure drop will decrease with increasing the space between the baffles.  
Increasing the shell diameter, the pressure drop will decrease while an increase in the tube length leads to enhancing 
the heat transfer coefficient and pressure drop. Labbadlia et al [6] have shown that tube arrangements in the shell 
and tube heat exchanger have a significant influence on the efficiency. They were investigating four different tube 
arrangements and show that is possible to achieve better flow distribution as well as better pressure distribution 
uniformity. Innovative steps in the industry contribute to obtaining better optimization solutions when designing the 
construction of heat exchangers. The main priority when designing the construction of the heat exchanger is the 
tendency towards the smallest possible dimension of the device and the highest possible efficiency of the exchanger. 
Good geometric characteristics achieve more intensive heat exchange between fluids without increasing the size and 
weight of the device, which affects the manufacturing cost of the heat exchanger.  

The paper presents an analysis of three variant solutions for optimizing the construction of a shell and tube heat 
exchanger by changing the arrangement and number of baffles and changing the position of the warmer fluid inlet 
and outlet. Before the simulation and analysis of the basic model of the exchanger, the geometrical characteristics, 
mass flows of the fluid, inlet and outlet temperatures of fluid 1 (warmer fluid-water) and fluid 2 (colder fluid-water) 
were determined. The length of the active part of the appliance is 3750 mm, the diameter of the appliance is 1000 
mm, the number of pipes in the pipe register is 81 and they are arranged to correspond to the circular arrangement, 
as shown in Figure 1. Based on the input parameters, the rated power of the basic model of the heat exchanger is 410 
kW. During the simulation of the operation of the shell and tube heat exchanger, uneven fluid flow and low outlet 
temperature of the colder fluid were observed. In the continuation of the paper, three optimization geometric solu-
tions are presented, which aim to achieve a more uniform fluid flow and as high an output temperature of the colder 
fluid as possible. The basic geometric characteristics and input parameters of the fluid are the same in all optimization 
solutions. [7], [8]. 

2. SHELL AND TUBE HEAT EXCHANGER 

Shell and tube heat exchangers are a type of recuperative heat exchangers and have a wide representation in the 
process industry [1,8,9]. They have been used for more than 14 decades, while in the last few decades they have 
appeared as standardized and standardized constructions. One of the most well-known standardized constructions 
is, according to the TEMA standard, within the framework of the American Tubular Exchanger Manufacturers Associ-
ation (TEMA). The shell and tube heat exchanger can be of robust construction, the surface of the heat exchanger can 
be up to 5000 m2, while the length of the heat exchanger can reach up to 12 m. The maximum temperature difference 
between the pipe register and the shell is from 20 ̊ C to 600 ̊ C. Due to their high rigidity, they are suitable for operation 
at high pressures and in a vacuum. Shell and tube heat exchangers have two basic parts, one of which is the inner 
part which consists of a pipe register, and the outer part which consists of the shell, the front and the rear head. During 
construction and construction solutions, it is possible that the inner and outer parts can be separated. The front head 
on the shell and tube heat exchanger is always fixed, while the rear head can be positioned so that it is fixed or float-
ing. The liquid that is introduced into the apparatus can achieve its flow along the pipe or at the same time along and 
transversely on the pipe if baffles are placed. Baffles on the shell and tube heat exchanger theoretically represent 
external elements but are often placed in the pipe register. The connection of the pipe to the pipe plate in a shell and 
tube heat exchanger is usually achieved by welding. The fluid flowing through the pipes has an inlet and outlet con-
nection on the heads, while the fluid flowing around the pipe has its connections on the exchanger shell itself, Fig. 1. 

 

Figure 1: The basic construction of the shell and tube heat exchanger  
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Several important rules determine the distribution of fluid in a shell and tube heat exchanger. Fluids of higher pres-
sure in most cases flow through a pipe. Small pipe diameters and nominal wall thickness withstand high pressures 
more easily and give a lower construction cost. Also, the fluid with a higher coefficient of contamination should be 
placed in the pipe register because the pipes are easier to clean by mechanical methods. Since water is used in the 
simulation for both fluids in the tubular exchanger, the main reason for adopting this fluid position is flow analysis, 
i.e. fluid with the lower flow is more adequately placed in the tubular register because it enables greater heat transfer 
from the register tube (increase in flow rate). [7] 

3. MODELING AND CALCULATION 

When creating a model of the exchanger, it is necessary to perform calculations of the amount of heat exchanged 
between two fluids, taking into account the following parameters: mass flow, inlet temperatures of both fluids, and 
outlet temperature of one of the fluids. The energy balance of a heat exchanger is determined from the equation: 

( ) ( )1 1 1  1  2 2 2  2 p in out p out in exch mQ m c t t m c t t k A t= ⋅ ⋅ − = ⋅ ⋅ − = ⋅ ⋅ Δ   (1) 

where are: 1m - mass flow rate of the fluid 1, ,1pc -specific heat capacity of the fluid 1, 1 int - inlet temperature of the 

fluid 1,  1outt - outlet temperature of the fluid 1, 2m -mass flow rate of the fluid 2, 2pc - specific heat capacity of the fluid 

2, 2 int - inlet temperature of the fluid 2,  2outt - outlet temperature of the fluid 2. 

The mean logarithmic temperature difference is determined from equation (2) for a heat exchanger with counterflow, 
taking into account correction factor ε taken from [9, 10,11]: 
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Based on the known geometry of the shell and tube heat exchanger on the basis of the known inlet and outlet temperature 
of both fluids obtained from (1), the heat transfer coefficient is calculated:  
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where: αi-heat transfer coefficients, Ai-heat transfer areas, 1 fR - fouling resistances, Rwall -thermal resistance of the sep-
arating wall. [12] 

The heat resistance coefficients due to contamination were adopted from [11]: 
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Convective heat transfer coefficient is obtained by the formula: 
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where are: λi – the coefficient of the conduction, de,i – the equivalent diameter, iNu  – Nusselt number [8]. 

Dimensionless numbers, required for determination of the heat transfer coefficient, were calculated from (6) and (7). 

1
0,6 30,21 Rei i iNu Pr= ⋅ ⋅  (6) 

,Re i e i i
i

i

w d ρ
μ

⋅ ⋅
=  (7) 

where are: iw  – the fluid velocity, iρ  – the fluid density, iμ  – the coefficient of dynamic viscosity of the fluids, iRe −  

Reynolds number, iPr −  Prandtl number, where is i = 1 - for fluid 1, i = 2 – for fluid 2. 

Based on previous, the outlet temperature of the fluids and heat transfer coefficient were determined for the given  
input parameters. The specific heat capacities of both fluids were adopted based on the mean temperatures from [9, 
10, 11]. 
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Table 1: Parameters of the basic design of shell and tube heat exchanger obtained by analytical calculations 

1m [kg/s] 1 int  [℃] 1 outt  [℃] 1pc  [kJ/kg℃]  mt [℃] 

1,67 180 123 4,3075 94,11 

2m [kg/s] 2   int [℃] 2  outt  [℃] 2pc  [kJ/kg℃] k [W/m2K] 

2,9 40 73.8 4,1833 118,89 

4. MODEL VALIDATION 

Validation of the numerical model was performed by comparison of the results obtained from analytical calculations 
and results from flow simulations for the basic construction of the shell and tube heat exchanger. The mass flow of 
the fluids, the inlet temperatures of the both fluids are the same in analytical and flow analysis. The outlet temperature 
of the colder fluid was the parameter that was used for model validation. The temperature obtained from analytical 
model was 73.8 ℃, while the temperature from flow simulation was 70.57 ℃.  Regarding that difference between the 
temperatures on the outlet of the colder fluid is 4.4% the simulation model is able to predict the temperature ex-
change in the heat exchanger. 

5. FLOW ANALYSIS USING SOLIDWORKS FLOW SIMULATION 

Using the known input parameters and geometrical characteristics of the exchanger, a simulation of fluid flow in the 
shell and tube heat exchanger, which is the basic model of the exchanger and on which the analysis will be performed. 
Fluid flow simulation of the basic model of the heat exchanger has shown uneven fluid flow during operation, which 
was the main reason for further analysis of the heat exchanger efficiency. For all proposed designs of the heater ex-
changer, the following parameters were taken into account: the system is adiabatically isolated, fluid flow is counter-
current, fluids entering the apparatus have a fully developed flow, heat exchanger is made of steel, number of inlets 
and outlets for warmer and the colder fluid is the same in all variant solutions. Fluid flow simulation in the basic model 
of the heat exchanger and the shown temperature fields indicate an uneven fluid flow in the tubular register of the 
exchanger. The cause of uneven fluid flow is the inadequate position of the inlet and outlet openings of the warmer 
fluid, as well as the layout and number of baffles within the pipe register, as shown in Fig. 2. 

 

Figure 2: Temperature field for the basic model of shell and tube heat exchanger obtained by simulation 

 

Figure 3: Temperature field for the model with the change of position of warmer fluid inlet and outlet  
obtained by simulation 
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In order to increase the effectiveness of the heat exchanger, i.e., in order to transfer as much heat between the two 
fluids as possible, it is necessary to optimize the geometric characteristics of the heat exchanger. Fluid inlets and 
outlets have a connection located on the exchanger heads. Changing the position of the inlet and outlet of the 
warmer fluid allows a more adequate and entry of fluid into the pipe register with higher velocity. Analysis of fluid 
flow simulation when changing the position of the inlet and outlet of the warmer shows that in addition to more 
adequate inlet and outlet of fluid from the pipe register, it is necessary to change the geometric structures related to 
the layout and number of baffles. The disadvantage of a variant solution in optimizations that involves changing the 
position of the inlet and outlet of the warmer fluid without additional optimization solutions is insufficient long re-
tention of the warmer fluid through the pipe register and uneven flow that reduces heat exchange between the two 
fluids, as shown in Figure 3. 

 

Figure 4: Temperature field for the model with changed number and layout of baffles obtained by simulation 

 In order to achieve the most even flow of fluid in the pipe register, the number and arrangement of baffles were 
optimized. In addition to the existing number baffles, optimization was performed and the number of baffles in the 
pipe register was increased. The variant solution includes the installation of a total of 8 baffles with equal lengths and 
distances, as shown in Figure 4. The increase in the number of baffles resulted in a more uniform fluid flow in the 
cervical register and a greater heat exchange between the warmer and colder fluids. By simulating the fluid flow when 
applying this variant of the solution, the results were obtained which show that by increasing the number of baffles, 
a higher outlet temperature of the colder fluid and thus a larger temperature difference is obtained. 

 

Figure 5: Temperature field for the model with changed the number and layout of baffles and position of warmer 
fluid inlet and outlet obtained by simulation 

Despite the optimization solution that includes changing the layout and number of baffles, analyzes of fluid flow 
simulation and temperature fields show that the flow of warmer fluid in the pipe register can still be improved. For 
greater heat exchange, it is necessary to apply optimization solutions which, in addition to changing the layout and 
number of l baffles, also include changing the position of the warmer fluid inlet and outlet, as shown in Figure 5. The 
optimization solution, which includes a change in the layout and number of baffles, as well as a change in the position 
of the warmer fluid inlet and outlet, achieves a uniform fluid flow and a more adequate entry of the warmer fluid into 
the pipe register.
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6. RESULTS AND ANALYSIS  

The following table shows the values of fluid inlet and outlet temperatures in the simulation of the operation of shell 
and tube heat exchanger in which three optimization geometry solutions were made. Based on the simulation and 
 analysis of fluid flow, it is concluded that the most adequate optimization solution is the one in which the largest 
temperature difference is obtained. In all optimization solutions, the values of the mass flows of colder and warmer 
fluids did not change, as did the inlet temperatures of the fluid. Therefore, by increasing the number of baffles and 
changing the position of the warmer inlet and outlet, the most uniform flow in the pipe register is achieved, that is, 
this variant solution achieves the greatest heat exchange between the colder and warmer fluid. 

Table 2: Inlet and outlet temperatures depending of type construction obtained by simulation  

Fluid Fluid 1 - water (warmer) Fluid 2 - water (colder) 

Temperature 1int  [℃] 1outt [℃] 2int [℃] 2outt [℃] 

Basic design 180 120,30 40 70,57 

Basic design with changing the 
position of the warmer fluid inlet 
and outlet 

180 126,40 40 67,67 

Basic design with eight baffles 180 123,47 40 71,38 

Basic design with eight baffles 
and changed the position of the 
warmer fluid inlet and outlet 

180 115,76 40 74,31 

Bearing in mind the same values of the inlet temperature of the colder and warmer fluid in all variant cases, we con-
clude that the amount of heat exchanged in the exchanger depends on the temperature differences. The table shows 
the values of the inlet and outlet temperatures of the hotter and colder fluid in all variant solutions. The outlet tem-
peratures of the colder and warmer fluid depend on the application of the optimization solution of the geometric 
characteristics.  

Effectiveness ε is a measure of thermal performance of a heat exchanger. It is defined for a given heat exchanger of 
any flow arrangement as a ratio of the actual heat transfer rate from the hot fluid to the cold fluid to the maximum 
possible heat transfer rate qmax thermodynamically permitted: 

 q

maxq
ε =  (8) 

where: q  -total or local heat transfer rate in the exchanger, maxq - thermodynamically maximum possible heat transfer 
rate in a counterflow heat exchanger. 

An overall energy balance for the two fluid streams is [13]: 

 ( ) ( )1, 1 2, 2h in out c out inq C t t C t t= ⋅ − = ⋅ −  (9) 

 ( )1 1, 2 1max p in in p maxq C t t C t= ⋅ − = ⋅ Δ  (10) 

where:  1 1h pC m c= ⋅ - hot fluid capacity rate, and 2 2c pC m c= ⋅ - cold fluid capacity rate. 

Table 3: Effectiveness of the analyzed designs of the heat exchanger 

Effectiveness [%] 

Basic design 
Basic design with chang-

ing the position of the 
fluid inlet and outlet 

Basic design with eight 
baffles 

Basic design with eight 
baffles and changing the 
position of the fluid inlet 

and outlet 
36.82 33.26 37.76 41.39 
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7. CONCLUSION 

The paper presents the analysis of geometric characteristics in the operation of shell and tube heat exchanger with 
two floating heads. Fluid flow simulation of the basic model of the heat exchanger with the required input parameters 
was performed. Based on the obtained results, the design of the exchanger was improved in order to achieve higher 
heat exchange between the two fluids. Simulations were performed in the software package "Solidworks" for three 
variant solutions. Higher heat exchange between the two fluids was achieved by the adjusting the number of the 
baffles and changing the position of the wormer fluid inlet and outlet, which gave a more uniform fluid flow in the 
exchanger. The nominal heat flux of the heat exchanger before the improvement was 410 kW. By applying the pro-
posed design, for the same input parameters, the nominal heat flux of the heat exchanger has increased and reach 
465 kW, which represents an increase of heat exchange between fluids for more than 13%.  

The effectiveness of the proposed design solution has been calculated and increase of the 4.57 % achieved in the case 
of the heat exchanger with eight baffles and revised position of the warmer fluid inlet and outlet. 

Proposed design solution would include the installation baffles and change of the position of the inlet and outlet of 
the warmer fluid, which will not have effect on the manufacturing costs of the heat exchanger. The proposed design 
has retained the dimensions of the basic heat exchanger, also the arrangements of the tube register have no changes 
as well as tubes length.  
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